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Brief Overview
In this presentation, quantum mechanics and deep reinforce-

ment learning (DRL) techniques are invoked to help solve intel-
ligent trajectory optimization problem for cellular-connected UAV
networks. The main contributions are summarized as follows.
• Different from the vast majority of existing literature, more practical

G2A pathloss model based on one realization of local building distribu-
tion and directional antenna with fixed 3-dimensional (3D) radiation
pattern are considered in this paper. Then, a cellular-connected UAV
trajectory planning problem is formulated to minimize the weighted
sum of flight time cost and the corresponding expected outage dur-
ation. Without prior knowledge of the wireless environment, the fo-
cused path planning problem is challenging to be tackled via conven-
tional optimization techniques. Alternatively, the proposed optimiz-
ation problem is mapped into Markov decision process (MDP) and
solved by the proposed DRL solution with novel quantum-inspired
experience replay (QiER).
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Brief Overview

• A novel QiER framework is coined to help the learning agent achieve
better training performance, via a three-phase quantum-inspired pro-
cess. Specifically, the quantum initialization phase allocates initial
priority for the newly-recorded experiences, the quantum preparation
phase generates the updated priority for the sampled transitions with
the help of Grover iteration, and the quantum measurement phase
outputs distribution of sampling probabilities to help accomplish the
mini-batch training procedure.
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System Model

A downlink transmission scenario inside cellular-connected UAV net-
work is considered, where a set U of U UAVs is served by a set B of B
BSs within cellular coverage. These UAVs are supposed to reach a com-
mon destination from their respective initial locations, for accomplishing
their own missions.1 Intuitively, each UAV should be navigated with a
feasible trajectory, alongside which the corresponding time consumption
should be the shortest and wireless transmission quality provided by the
cellular network should be maintained satisfactorily.2

1For example, one typical UAV application case is parcel collection. Various UAVs are launched from different
costumers’ properties carrying parcels to the local distribution centre of delivery firm. Besides, collision avoidance
during UAVs’ flights needs to be guaranteed, via separating UAV’s operation spaces and keeping their flying altitudes
higher than the tallest building.

2This paper concentrates on UAV navigation task within coverage of cellular networks, while global positioning
system (GPS)-supported UAV navigation is beyond the scope of this paper and left as one of future research directions.
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System Model

Without loss of generality, an arbitrary UAV (denoted as u hereafter) out
of these U drones are concentrated for investigating the navigation task.3
For clarity, the UAV’s exploration environment is defined as a cubic sub-
region A : [xlo, xup] × [ylo, yup] × [zlo, zup], where the subscripts "lo" and
"up" represent the lower and upper boundaries of this 3D airspace, re-
spectively. Furthermore, the coordinate of the focused UAV at time t
should locate in the range of q⃗lo ⪯ q⃗u(t) ⪯ q⃗up, where q⃗lo = (xlo, ylo, zlo),
q⃗up = (xup, yup, zup) and ⪯ denotes the element-wise inequality. The initial
location and the destination are given by q⃗u(I) ∈ R1∗3 and q⃗u(D) ∈ R1∗3,
respectively. Therefore, the overall trajectory of this UAV’s flight can be
fully traced by q⃗u(t) = (xu(t), yu(t), zu(t)), starting from q⃗u(I) and end-
ing at q⃗u(D). Besides, the location of arbitrary BS b ∈ B is indicated as
q⃗b = (xb, yb, zb), where q⃗lo ⪯ q⃗b ⪯ q⃗up.

3These UAVs share the same airspace and common location-dependent database, which means that the trained
DRL model can be downloaded by the remaining UAVs, helping them accomplish their navigation tasks.
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Antenna Model

In compliance with BS’s antenna modelling of current cellular
networks, directional antenna with fixed 3D radiation pattern is as-
sumed to be equipped at each BS. Following standard sectorization,
each BS is portioned to cover three sectors. Therefore, there are
3B sectors in total within the interested airspace A. Specifically,
it is assumed that three vertically-placed M -element uniform linear
arrays (ULAs) are equipped by each BS with boresights directed to
their corresponding sectors covered by this BS, subject to the 3GPP
specification on cellular BS’s antenna model.
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Antenna Model
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<latexit sha1_base64="Yguiq6CkW/fLq2Cf/TZqak+yqvI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cKphbaUDbbSbt0swm7G6GG/gYvHhTx6g/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T9o6SRTDH2WiES1Q6pRcIm+4UZgO1VI41DgQzi6mfoPj6g0T+S9GacYxHQgecQZNVbyn3r5+aRXrbl1dwayTLyC1KBAs1f96vYTlsUoDRNU647npibIqTKcCZxUupnGlLIRHWDHUklj1EE+O3ZCTqzSJ1GibElDZurviZzGWo/j0HbG1Az1ojcV//M6mYmugpzLNDMo2XxRlAliEjL9nPS5QmbE2BLKFLe3EjakijJj86nYELzFl5dJ66zuuXXv7qLWuC7iKMMRHMMpeHAJDbiFJvjAgMMzvMKbI50X5935mLeWnGLmEP7A+fwB1mCOsA==</latexit><latexit sha1_base64="Yguiq6CkW/fLq2Cf/TZqak+yqvI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cKphbaUDbbSbt0swm7G6GG/gYvHhTx6g/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T9o6SRTDH2WiES1Q6pRcIm+4UZgO1VI41DgQzi6mfoPj6g0T+S9GacYxHQgecQZNVbyn3r5+aRXrbl1dwayTLyC1KBAs1f96vYTlsUoDRNU647npibIqTKcCZxUupnGlLIRHWDHUklj1EE+O3ZCTqzSJ1GibElDZurviZzGWo/j0HbG1Az1ojcV//M6mYmugpzLNDMo2XxRlAliEjL9nPS5QmbE2BLKFLe3EjakijJj86nYELzFl5dJ66zuuXXv7qLWuC7iKMMRHMMpeHAJDbiFJvjAgMMzvMKbI50X5935mLeWnGLmEP7A+fwB1mCOsA==</latexit><latexit sha1_base64="Yguiq6CkW/fLq2Cf/TZqak+yqvI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cKphbaUDbbSbt0swm7G6GG/gYvHhTx6g/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T9o6SRTDH2WiES1Q6pRcIm+4UZgO1VI41DgQzi6mfoPj6g0T+S9GacYxHQgecQZNVbyn3r5+aRXrbl1dwayTLyC1KBAs1f96vYTlsUoDRNU647npibIqTKcCZxUupnGlLIRHWDHUklj1EE+O3ZCTqzSJ1GibElDZurviZzGWo/j0HbG1Az1ojcV//M6mYmugpzLNDMo2XxRlAliEjL9nPS5QmbE2BLKFLe3EjakijJj86nYELzFl5dJ66zuuXXv7qLWuC7iKMMRHMMpeHAJDbiFJvjAgMMzvMKbI50X5935mLeWnGLmEP7A+fwB1mCOsA==</latexit><latexit sha1_base64="Yguiq6CkW/fLq2Cf/TZqak+yqvI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cKphbaUDbbSbt0swm7G6GG/gYvHhTx6g/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T9o6SRTDH2WiES1Q6pRcIm+4UZgO1VI41DgQzi6mfoPj6g0T+S9GacYxHQgecQZNVbyn3r5+aRXrbl1dwayTLyC1KBAs1f96vYTlsUoDRNU647npibIqTKcCZxUupnGlLIRHWDHUklj1EE+O3ZCTqzSJ1GibElDZurviZzGWo/j0HbG1Az1ojcV//M6mYmugpzLNDMo2XxRlAliEjL9nPS5QmbE2BLKFLe3EjakijJj86nYELzFl5dJ66zuuXXv7qLWuC7iKMMRHMMpeHAJDbiFJvjAgMMzvMKbI50X5935mLeWnGLmEP7A+fwB1mCOsA==</latexit>

zM
<latexit sha1_base64="g3pzuGr7zj0MSJWIi479lmmCBDg=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRixehgqmFNpTNdtIu3WzC7kaoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1PBtXHdb6e0srq2vlHerGxt7+zuVfcPWjrJFEOfJSJR7ZBqFFyib7gR2E4V0jgU+BCOrqf+wyMqzRN5b8YpBjEdSB5xRo2V/KdefjvpVWtu3Z2BLBOvIDUo0OxVv7r9hGUxSsME1brjuakJcqoMZwInlW6mMaVsRAfYsVTSGHWQz46dkBOr9EmUKFvSkJn6eyKnsdbjOLSdMTVDvehNxf+8TmaiyyDnMs0MSjZfFGWCmIRMPyd9rpAZMbaEMsXtrYQNqaLM2HwqNgRv8eVl0jqre27duzuvNa6KOMpwBMdwCh5cQANuoAk+MODwDK/w5kjnxXl3PuatJaeYOYQ/cD5/AP3ijso=</latexit><latexit sha1_base64="g3pzuGr7zj0MSJWIi479lmmCBDg=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRixehgqmFNpTNdtIu3WzC7kaoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1PBtXHdb6e0srq2vlHerGxt7+zuVfcPWjrJFEOfJSJR7ZBqFFyib7gR2E4V0jgU+BCOrqf+wyMqzRN5b8YpBjEdSB5xRo2V/KdefjvpVWtu3Z2BLBOvIDUo0OxVv7r9hGUxSsME1brjuakJcqoMZwInlW6mMaVsRAfYsVTSGHWQz46dkBOr9EmUKFvSkJn6eyKnsdbjOLSdMTVDvehNxf+8TmaiyyDnMs0MSjZfFGWCmIRMPyd9rpAZMbaEMsXtrYQNqaLM2HwqNgRv8eVl0jqre27duzuvNa6KOMpwBMdwCh5cQANuoAk+MODwDK/w5kjnxXl3PuatJaeYOYQ/cD5/AP3ijso=</latexit><latexit sha1_base64="g3pzuGr7zj0MSJWIi479lmmCBDg=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRixehgqmFNpTNdtIu3WzC7kaoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1PBtXHdb6e0srq2vlHerGxt7+zuVfcPWjrJFEOfJSJR7ZBqFFyib7gR2E4V0jgU+BCOrqf+wyMqzRN5b8YpBjEdSB5xRo2V/KdefjvpVWtu3Z2BLBOvIDUo0OxVv7r9hGUxSsME1brjuakJcqoMZwInlW6mMaVsRAfYsVTSGHWQz46dkBOr9EmUKFvSkJn6eyKnsdbjOLSdMTVDvehNxf+8TmaiyyDnMs0MSjZfFGWCmIRMPyd9rpAZMbaEMsXtrYQNqaLM2HwqNgRv8eVl0jqre27duzuvNa6KOMpwBMdwCh5cQANuoAk+MODwDK/w5kjnxXl3PuatJaeYOYQ/cD5/AP3ijso=</latexit><latexit sha1_base64="g3pzuGr7zj0MSJWIi479lmmCBDg=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRixehgqmFNpTNdtIu3WzC7kaoob/BiwdFvPqDvPlv3LY5aOuDgcd7M8zMC1PBtXHdb6e0srq2vlHerGxt7+zuVfcPWjrJFEOfJSJR7ZBqFFyib7gR2E4V0jgU+BCOrqf+wyMqzRN5b8YpBjEdSB5xRo2V/KdefjvpVWtu3Z2BLBOvIDUo0OxVv7r9hGUxSsME1brjuakJcqoMZwInlW6mMaVsRAfYsVTSGHWQz46dkBOr9EmUKFvSkJn6eyKnsdbjOLSdMTVDvehNxf+8TmaiyyDnMs0MSjZfFGWCmIRMPyd9rpAZMbaEMsXtrYQNqaLM2HwqNgRv8eVl0jqre27duzuvNa6KOMpwBMdwCh5cQANuoAk+MODwDK/w5kjnxXl3PuatJaeYOYQ/cD5/AP3ijso=</latexit>

xULA
<latexit sha1_base64="lCK1QU7UzI7ZTIGwjYg0dGU2XgQ=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPVa9ePBQwbSFNpbNdtMu3WzC7kRbQv6HFw+KePW/ePPfuP04aOuDgcd7M8zMCxLBNTrOt7W0vLK6tl7YKG5ube/slvb26zpOFWUejUWsmgHRTHDJPOQoWDNRjESBYI1gcD32G49MaR7LexwlzI9IT/KQU4JGehh2sjayIWbe7WWed0plp+JMYC8Sd0bKMEOtU/pqd2OaRkwiFUTrlusk6GdEIaeC5cV2qllC6ID0WMtQSSKm/WxydW4fG6Vrh7EyJdGeqL8nMhJpPYoC0xkR7Ot5byz+57VSDC/8jMskRSbpdFGYChtjexyB3eWKURQjQwhV3Nxq0z5RhKIJqmhCcOdfXiT104rrVNy7s3L1ahZHAQ7hCE7AhXOowg3UwAMKCp7hFd6sJ+vFerc+pq1L1mzmAP7A+vwB/Y6S0A==</latexit><latexit sha1_base64="lCK1QU7UzI7ZTIGwjYg0dGU2XgQ=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPVa9ePBQwbSFNpbNdtMu3WzC7kRbQv6HFw+KePW/ePPfuP04aOuDgcd7M8zMCxLBNTrOt7W0vLK6tl7YKG5ube/slvb26zpOFWUejUWsmgHRTHDJPOQoWDNRjESBYI1gcD32G49MaR7LexwlzI9IT/KQU4JGehh2sjayIWbe7WWed0plp+JMYC8Sd0bKMEOtU/pqd2OaRkwiFUTrlusk6GdEIaeC5cV2qllC6ID0WMtQSSKm/WxydW4fG6Vrh7EyJdGeqL8nMhJpPYoC0xkR7Ot5byz+57VSDC/8jMskRSbpdFGYChtjexyB3eWKURQjQwhV3Nxq0z5RhKIJqmhCcOdfXiT104rrVNy7s3L1ahZHAQ7hCE7AhXOowg3UwAMKCp7hFd6sJ+vFerc+pq1L1mzmAP7A+vwB/Y6S0A==</latexit><latexit sha1_base64="lCK1QU7UzI7ZTIGwjYg0dGU2XgQ=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPVa9ePBQwbSFNpbNdtMu3WzC7kRbQv6HFw+KePW/ePPfuP04aOuDgcd7M8zMCxLBNTrOt7W0vLK6tl7YKG5ube/slvb26zpOFWUejUWsmgHRTHDJPOQoWDNRjESBYI1gcD32G49MaR7LexwlzI9IT/KQU4JGehh2sjayIWbe7WWed0plp+JMYC8Sd0bKMEOtU/pqd2OaRkwiFUTrlusk6GdEIaeC5cV2qllC6ID0WMtQSSKm/WxydW4fG6Vrh7EyJdGeqL8nMhJpPYoC0xkR7Ot5byz+57VSDC/8jMskRSbpdFGYChtjexyB3eWKURQjQwhV3Nxq0z5RhKIJqmhCcOdfXiT104rrVNy7s3L1ahZHAQ7hCE7AhXOowg3UwAMKCp7hFd6sJ+vFerc+pq1L1mzmAP7A+vwB/Y6S0A==</latexit><latexit sha1_base64="lCK1QU7UzI7ZTIGwjYg0dGU2XgQ=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBE8lUQEPVa9ePBQwbSFNpbNdtMu3WzC7kRbQv6HFw+KePW/ePPfuP04aOuDgcd7M8zMCxLBNTrOt7W0vLK6tl7YKG5ube/slvb26zpOFWUejUWsmgHRTHDJPOQoWDNRjESBYI1gcD32G49MaR7LexwlzI9IT/KQU4JGehh2sjayIWbe7WWed0plp+JMYC8Sd0bKMEOtU/pqd2OaRkwiFUTrlusk6GdEIaeC5cV2qllC6ID0WMtQSSKm/WxydW4fG6Vrh7EyJdGeqL8nMhJpPYoC0xkR7Ot5byz+57VSDC/8jMskRSbpdFGYChtjexyB3eWKURQjQwhV3Nxq0z5RhKIJqmhCcOdfXiT104rrVNy7s3L1ahZHAQ7hCE7AhXOowg3UwAMKCp7hFd6sJ+vFerc+pq1L1mzmAP7A+vwB/Y6S0A==</latexit>

yULA
<latexit sha1_base64="mxwDKYsvhWWZdCBGDCmn6OPg8Pk=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBbBU0lE0GPViwcPFUxbaGPZbDft0s0m7E7UEPI/vHhQxKv/xZv/xm2bg7Y+GHi8N8PMPD8WXINtf1ulpeWV1bXyemVjc2t7p7q719JRoihzaSQi1fGJZoJL5gIHwTqxYiT0BWv746uJ335gSvNI3kEaMy8kQ8kDTgkY6T7tZz1gT5C5Nxd53q/W7Lo9BV4kTkFqqECzX/3qDSKahEwCFUTrrmPH4GVEAaeC5ZVeollM6JgMWddQSUKmvWx6dY6PjDLAQaRMScBT9fdERkKt09A3nSGBkZ73JuJ/XjeB4NzLuIwTYJLOFgWJwBDhSQR4wBWjIFJDCFXc3IrpiChCwQRVMSE48y8vktZJ3bHrzu1prXFZxFFGB+gQHSMHnaEGukZN5CKKFHpGr+jNerRerHfrY9ZasoqZffQH1ucP/x+S0Q==</latexit><latexit sha1_base64="mxwDKYsvhWWZdCBGDCmn6OPg8Pk=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBbBU0lE0GPViwcPFUxbaGPZbDft0s0m7E7UEPI/vHhQxKv/xZv/xm2bg7Y+GHi8N8PMPD8WXINtf1ulpeWV1bXyemVjc2t7p7q719JRoihzaSQi1fGJZoJL5gIHwTqxYiT0BWv746uJ335gSvNI3kEaMy8kQ8kDTgkY6T7tZz1gT5C5Nxd53q/W7Lo9BV4kTkFqqECzX/3qDSKahEwCFUTrrmPH4GVEAaeC5ZVeollM6JgMWddQSUKmvWx6dY6PjDLAQaRMScBT9fdERkKt09A3nSGBkZ73JuJ/XjeB4NzLuIwTYJLOFgWJwBDhSQR4wBWjIFJDCFXc3IrpiChCwQRVMSE48y8vktZJ3bHrzu1prXFZxFFGB+gQHSMHnaEGukZN5CKKFHpGr+jNerRerHfrY9ZasoqZffQH1ucP/x+S0Q==</latexit><latexit sha1_base64="mxwDKYsvhWWZdCBGDCmn6OPg8Pk=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBbBU0lE0GPViwcPFUxbaGPZbDft0s0m7E7UEPI/vHhQxKv/xZv/xm2bg7Y+GHi8N8PMPD8WXINtf1ulpeWV1bXyemVjc2t7p7q719JRoihzaSQi1fGJZoJL5gIHwTqxYiT0BWv746uJ335gSvNI3kEaMy8kQ8kDTgkY6T7tZz1gT5C5Nxd53q/W7Lo9BV4kTkFqqECzX/3qDSKahEwCFUTrrmPH4GVEAaeC5ZVeollM6JgMWddQSUKmvWx6dY6PjDLAQaRMScBT9fdERkKt09A3nSGBkZ73JuJ/XjeB4NzLuIwTYJLOFgWJwBDhSQR4wBWjIFJDCFXc3IrpiChCwQRVMSE48y8vktZJ3bHrzu1prXFZxFFGB+gQHSMHnaEGukZN5CKKFHpGr+jNerRerHfrY9ZasoqZffQH1ucP/x+S0Q==</latexit><latexit sha1_base64="mxwDKYsvhWWZdCBGDCmn6OPg8Pk=">AAAB9XicbVBNS8NAEN3Ur1q/qh69LBbBU0lE0GPViwcPFUxbaGPZbDft0s0m7E7UEPI/vHhQxKv/xZv/xm2bg7Y+GHi8N8PMPD8WXINtf1ulpeWV1bXyemVjc2t7p7q719JRoihzaSQi1fGJZoJL5gIHwTqxYiT0BWv746uJ335gSvNI3kEaMy8kQ8kDTgkY6T7tZz1gT5C5Nxd53q/W7Lo9BV4kTkFqqECzX/3qDSKahEwCFUTrrmPH4GVEAaeC5ZVeollM6JgMWddQSUKmvWx6dY6PjDLAQaRMScBT9fdERkKt09A3nSGBkZ73JuJ/XjeB4NzLuIwTYJLOFgWJwBDhSQR4wBWjIFJDCFXc3IrpiChCwQRVMSE48y8vktZJ3bHrzu1prXFZxFFGB+gQHSMHnaEGukZN5CKKFHpGr+jNerRerHfrY9ZasoqZffQH1ucP/x+S0Q==</latexit>

zULA
<latexit sha1_base64="Y9pq+Yl0IsZmPFiWfnB3+Mu1004=">AAAB9XicbVBNS8NAEN34WetX1aOXYBE8lUQEPVa9ePBQwbSFNpbNdtIu3WzC7kStIf/DiwdFvPpfvPlv3H4ctPXBwOO9GWbmBYngGh3n21pYXFpeWS2sFdc3Nre2Szu7dR2nioHHYhGrZkA1CC7BQ44CmokCGgUCGsHgcuQ37kFpHstbHCbgR7QnecgZRSPdPXWyNsIjZt71eZ53SmWn4oxhzxN3Sspkilqn9NXuxiyNQCITVOuW6yToZ1QhZwLyYjvVkFA2oD1oGSppBNrPxlfn9qFRunYYK1MS7bH6eyKjkdbDKDCdEcW+nvVG4n9eK8XwzM+4TFIEySaLwlTYGNujCOwuV8BQDA2hTHFzq836VFGGJqiiCcGdfXme1I8rrlNxb07K1YtpHAWyTw7IEXHJKamSK1IjHmFEkWfySt6sB+vFerc+Jq0L1nRmj/yB9fkDAL+S0g==</latexit><latexit sha1_base64="Y9pq+Yl0IsZmPFiWfnB3+Mu1004=">AAAB9XicbVBNS8NAEN34WetX1aOXYBE8lUQEPVa9ePBQwbSFNpbNdtIu3WzC7kStIf/DiwdFvPpfvPlv3H4ctPXBwOO9GWbmBYngGh3n21pYXFpeWS2sFdc3Nre2Szu7dR2nioHHYhGrZkA1CC7BQ44CmokCGgUCGsHgcuQ37kFpHstbHCbgR7QnecgZRSPdPXWyNsIjZt71eZ53SmWn4oxhzxN3Sspkilqn9NXuxiyNQCITVOuW6yToZ1QhZwLyYjvVkFA2oD1oGSppBNrPxlfn9qFRunYYK1MS7bH6eyKjkdbDKDCdEcW+nvVG4n9eK8XwzM+4TFIEySaLwlTYGNujCOwuV8BQDA2hTHFzq836VFGGJqiiCcGdfXme1I8rrlNxb07K1YtpHAWyTw7IEXHJKamSK1IjHmFEkWfySt6sB+vFerc+Jq0L1nRmj/yB9fkDAL+S0g==</latexit><latexit sha1_base64="Y9pq+Yl0IsZmPFiWfnB3+Mu1004=">AAAB9XicbVBNS8NAEN34WetX1aOXYBE8lUQEPVa9ePBQwbSFNpbNdtIu3WzC7kStIf/DiwdFvPpfvPlv3H4ctPXBwOO9GWbmBYngGh3n21pYXFpeWS2sFdc3Nre2Szu7dR2nioHHYhGrZkA1CC7BQ44CmokCGgUCGsHgcuQ37kFpHstbHCbgR7QnecgZRSPdPXWyNsIjZt71eZ53SmWn4oxhzxN3Sspkilqn9NXuxiyNQCITVOuW6yToZ1QhZwLyYjvVkFA2oD1oGSppBNrPxlfn9qFRunYYK1MS7bH6eyKjkdbDKDCdEcW+nvVG4n9eK8XwzM+4TFIEySaLwlTYGNujCOwuV8BQDA2hTHFzq836VFGGJqiiCcGdfXme1I8rrlNxb07K1YtpHAWyTw7IEXHJKamSK1IjHmFEkWfySt6sB+vFerc+Jq0L1nRmj/yB9fkDAL+S0g==</latexit><latexit sha1_base64="Y9pq+Yl0IsZmPFiWfnB3+Mu1004=">AAAB9XicbVBNS8NAEN34WetX1aOXYBE8lUQEPVa9ePBQwbSFNpbNdtIu3WzC7kStIf/DiwdFvPpfvPlv3H4ctPXBwOO9GWbmBYngGh3n21pYXFpeWS2sFdc3Nre2Szu7dR2nioHHYhGrZkA1CC7BQ44CmokCGgUCGsHgcuQ37kFpHstbHCbgR7QnecgZRSPdPXWyNsIjZt71eZ53SmWn4oxhzxN3Sspkilqn9NXuxiyNQCITVOuW6yToZ1QhZwLyYjvVkFA2oD1oGSppBNrPxlfn9qFRunYYK1MS7bH6eyKjkdbDKDCdEcW+nvVG4n9eK8XwzM+4TFIEySaLwlTYGNujCOwuV8BQDA2hTHFzq836VFGGJqiiCcGdfXme1I8rrlNxb07K1YtpHAWyTw7IEXHJKamSK1IjHmFEkWfySt6sB+vFerc+Jq0L1nRmj/yB9fkDAL+S0g==</latexit>

(Boresight Direction)

…
 …

✓ULA
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(a) Coordinate system of ULA

dB

𝜃!"!#$

(b) Vertical pattern at boresight

Figure 1: Demonstration of ULA’s coordinate system and vertical radiation pattern
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Pathloss Model

Different from terrestrial transmissions, G2A links are more
likely to experience LoS pathloss. In this subsection, the adopted
G2A channel model will be interpreted.

According to 3GPP urban-macro (UMa) pathloss model, the
G2A pathloss in dB from sector i to the UAV at time t is given by

PLi [q⃗u(t)] =

{
28.0 + 22 log10 (diu) + 20 log10 (fc) , if LoS
−17.5 + [46− 7 log10 (zu(t))] log10 (diu) + 20 log10

(
40πfc

3

)
, if NLoS

, (1)

where diu = ||q⃗u(t)− q⃗i||2 outputs the Euclidean distance between
the UAV and the location of ULA for sector i.
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Pathloss Model

To practically trace the type of G2A pathlosses, building dis-
tribution in the interested airspace A should be taken into consid-
eration. Fig. 2 illustrates an example of local building distribution,
including their horizontal locations on the ground and heights (Fig.
2a), as well as the corresponding 3D view (Fig. 2b). With given
building distribution, the type of large-scale pathloss of G2A chan-
nels for UAV at arbitrary location q⃗u(t), i.e., LoS or NLoS in (1),
can be accurately determined via checking the potential blockages
between the UAV and sectors.4

4Note that our method generating G2A pathloss is more practical than the widely-used probabilistic G2A
channel model in current literature because the later can only characterize the average G2A pathloss rather than its
real counterpart.
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Building Distribution
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(a) Local building distribution
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(b) 3D view of local building distribution

Figure 2: The building distribution under consideration
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The Considered Optimization Problem
In short, the corresponding optimization problem is stated as

(P1) : min
v⃗u(n)

τ∆t

L

N∑
n=1

L∑
ι=1

ITOP{q⃗u(n), î(n)|h(ι)}+N, (2a)

s.t. î(n) = arg min
i∈{1,2,··· ,3B}

PLi [q⃗u(n)] , (2b)

q⃗(n+ 1) = q⃗(n) + Vu∆tv⃗u(n), ∥v⃗u(n)∥ = 1, (2c)
q⃗lo ⪯ q⃗u(n) ⪯ q⃗up, q⃗u(0) = q⃗u(I), q⃗u(N) = q⃗u(D), (2d)

where τ is the weight balancing the minimization dilemma, Vu rep-
resents the UAV’s flying velocity and v⃗u(n) specifies the mobility
direction. The constraint (2b) holds because the sector association
strategy is dependent sorely on pathlosses from all the sectors within
each time slot and it is clear that the UAV should always pair with
the sector which can offer the least degree of pathloss.

Presenter: Yuanjian Li 20th March 2022 ICC 2022 — SAC-05 MLC Track 12 / 34



Brief Overview
System Model

Quantum Basics
The Proposed DRL-QiER Algorithm

Simulation Results

Department of Engineering
Faculty of Natural, Mathematical & Engineering Sciences

King’s College LONDON

Quantum State
In quantum mechanics, a quantum state of a closed quantum

system can be described by a unit vector in Hilbert space. Specific-
ally, a quantum state |Ψc⟩ (Dirac notation) comprised of n̂ quantum
bits (qubits5) can be expressed as

|Ψc⟩ = |Ψ1⟩ ⊗ |Ψ2⟩ ⊗ · · · ⊗ |Ψn̂⟩ =

n̂︷ ︸︸ ︷
11...1∑
p=00...0

hp |p⟩ , (3)

where |Ψe⟩ , e ∈ [1, n̂] represents the e-th qubit, hp means the com-
plex coefficient (i.e., probability amplitude) of eigenstate |p⟩ subject
to

∑11...1
p=00...0 |hp|2 = 1 and ⊗ denotes the tensor product. The

representation of n̂-qubit quantum state |Ψc⟩ follows the quantum
phenomenon known as state superposition principle. That is, the
|Ψc⟩ can be regarded as the superposition of 2n̂ eigenstates, ranged
from |00...0⟩ to |11...1⟩.
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Quantum State

As a special case, a two-eigenstate quantum system (say, a
single qubit) can be described as an arbitrary superposition state of
eigenstates |0⟩ and |1⟩, given by

|Ψ⟩ = α |0⟩+ β |1⟩ , (4)

where the complex coefficients α = ⟨0|Ψ⟩ and β = ⟨1|Ψ⟩ denote the
probability amplitudes for eigenstates |0⟩ and |1⟩, respectively. Note
that the single-qubit superposition |Ψ⟩ is a unit vector (i.e., ⟨Ψ|Ψ⟩ =
1) in Hilbert space spanned by orthogonal bases |0⟩ and |1⟩, subject
to |α|2 + |β|2 = 1. According to quantum collapse phenomenon,
after measurement or observation of an external experimenter, |Ψ⟩
will collapse from its superposition state onto one of its eigenstates
|0⟩ and |1⟩ with probabilities |α|2 and |β|2, respectively.
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Quantum Amplitude Amplification
For a two-eigenstate qubit |Ψ⟩, the probability amplitudes of

each eigenstate can be changed via a quantum operation (e.g.,
Grover iteration), gradually modifying the collapse probability dis-
tribution. Two unitary reflections are applied to achieve Grover it-
eration, given by

U |0⟩ = I − (1− ejϕ1) |0⟩ ⟨0| , (5)

U |Ψ⟩ = (1− ejϕ2) |Ψ⟩ ⟨Ψ| − I, (6)

where {ϕ1, ϕ2} ∈ [0, 2π], I indicates identity matrix, and ⟨0| and
⟨Ψ| are Hermitian transposes of |0⟩ and |Ψ⟩, respectively. Then, the
Grover iterator can be formulated as G = U |Ψ⟩U |0⟩, which remains
unitary. After m times of acting G on |Ψ⟩, the two-eigenstate qubit
with updated probability amplitudes can be given by |Ψ⟩ ← Gm |Ψ⟩ .
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Quantum Amplitude Amplification

Two updating approaches can be used to accomplish quantum
amplitude amplification task: 1) m = 1 with dynamic parameters ϕ1

and ϕ2; and 2) dynamic m with fixed parameters ϕ1 and ϕ2 (e.g.,
π). The latter updating method can only change the probability
amplitudes in a discrete manner, and thus the former solution is
chosen in this demonstration.

Proposition

For Grover iteration with flexible parameters, the overall effects of G
on the superposition |Ψ⟩ can be derived analytically as G |Ψ⟩ = (Q−
ejϕ1)α |0⟩+(Q−1)β |1⟩, where Q = (1−ejϕ2)

[
1− (1− ejϕ1)|α|2

]
and |(Q− ejϕ1)|2|α|2 + |(Q− 1)|2|β|2 = 1.

Presenter: Yuanjian Li 20th March 2022 ICC 2022 — SAC-05 MLC Track 16 / 34



Brief Overview
System Model

Quantum Basics
The Proposed DRL-QiER Algorithm

Simulation Results

Department of Engineering
Faculty of Natural, Mathematical & Engineering Sciences

King’s College LONDON

Proof.
The effects of U|0⟩ on |0⟩ and |1⟩ are expressed as

U|0⟩ |0⟩ =
[
I − (1− e

jϕ1 ) |0⟩ ⟨0|
]
|0⟩ = e

jϕ1 |0⟩ , (7)

U|0⟩ |1⟩ =
[
I − (1− e

jϕ1 ) |0⟩ ⟨0|
]
|1⟩ = |1⟩ , (8)

respectively. Then, we obtain

U|0⟩ |Ψ⟩ =
[
I − (1− e

jϕ1 ) |0⟩ ⟨0|
]
|Ψ⟩ = e

jϕ1α |0⟩ + β |1⟩ , (9)

where U|0⟩ plays the role as a conditional phase shift operator.
Furthermore, we get

G |Ψ⟩ = U|Ψ⟩U|0⟩ |Ψ⟩ = (1− e
jϕ2 ) [α |0⟩ + β |1⟩]

[
α
† ⟨0| + β

† ⟨1|
]
U|0⟩ |Ψ⟩ − U|0⟩ |Ψ⟩

= (Q− e
jϕ1 )α |0⟩ + (Q− 1)β |1⟩ , (10)

where Q = (1− ejϕ2 )(ejϕ1 |α|2 + |β|2) = (1− ejϕ2 )
[
1− (1− ejϕ1 )|α|2

]
.

Because Grover operator G is unitary, the updated superposition |Ψ⟩ ← G |Ψ⟩ still follows the normalization rule
of probability amplitudes, i.e., |(Q− ejϕ1 )|2|α|2 + |(Q− 1)|2|β|2 = 1.
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Corollary

The ratio between collapse probabilities of |Ψ⟩ → |0⟩ before and
after being impacted by G can be given by |R|2 = |(1− ejϕ1 −
ejϕ2)−(1−ejϕ1)(1−ejϕ2)|α|2|2, which is symmetric w.r.t. ϕ1 = ϕ2

and ϕ1 = 2π − ϕ2. Then, the updated collapse probabilities onto
eigenstates |0⟩ and |1⟩ can be given by |R|2|α|2 and 1 − |R|2|α|2,
respectively.

Proof.
Based on (4) and (10), the ratio between the probability amplitudes
of |0⟩ after being acted by G and before that can be derived as
R = (1− ejϕ1 − ejϕ2)− (1− ejϕ1)(1− ejϕ2)|α|2, which completes
the proof.
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The proposed QiER framework consists of the following three
phases.
• Quantum Initialization Phase: When transition expt is stored into

the QiER buffer with finite capacity C, a label k ∈ {1, . . . , C} will
be assigned to expt, which specifies the location of expt being re-
corded within the QiER buffer.6 Then, experience expt and the k-th
qubit |Ψk⟩ together will be stored into the QiER buffer, which can
be regarded as a collection of (expt, |Ψk⟩). When a new transition is
recorded into the QiER buffer and before being sampled out to feed
the training agent, its associated qubit |Ψk⟩ should be initialized as
eigenstate |0⟩, i.e., |Ψk⟩ ← |0⟩. The reason is that the agent has
never been trained with these un-sampled transitions that may have
unimaginable potentials to help the agent learn the characteristics of
environment with which the agent is interacting. Thus, we set these
newly-recorded transitions with the highest priority, encouraging the
agent to more likely learn from them.
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• Quantum Preparation Phase: After an experience is sampled from the
QiER buffer to train the agent, the quantum preparation phase should
be performed on its associated qubit, updating the corresponding
priority. This is due to two reasons: 1) the TD error of this transition
is updated; and 2) the experience becomes older for the agent.
The uniform quantum state is defined as

|+⟩ =
√
2

2
(|0⟩+ |1⟩) . (11)

The absolute value of TD error |δt| is chosen to reflect priority of the
corresponding transition expt. Once a recorded transition is sampled,
its associated qubit |Ψk⟩ should first be reset to the uniform quantum
state, i.e., |Ψk⟩ ← |+⟩.
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Then, to map the updated priority of expt into |Ψk⟩, one time
of Grover iteration with flexible parameters will be applied on the
uniform quantum state, shown as

|Ψk⟩ = U |+⟩U |0⟩ |+⟩
(a)
= (P − ejϕ1)

√
2

2
|0⟩+(P − 1)

√
2

2
|1⟩ , (12)

where P = (1 − ejϕ2)
[
1− 0.5(1− ejϕ1)

]
and the derivation (a) is

based on Proposition 1.
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• Quantum Measurement Phase: After the QiER buffer is fully oc-
cupied by recorded transitions, a mini-batch of experiences will be
sampled to perform network training for the agent, via standard gradi-
ent descent method. To prepare the mini-batch sampling procedure
under constraint of priorities, quantum measurement on the associ-
ated qubits should be accomplished first. Specifically, the probability
of the k-th qubit collapsing onto eigenstate |0⟩ can be calculated
as | ⟨0|Ψk⟩ |2. Then, the probability of the corresponding experi-
ence being picked up during the mini-batch sampling process can be
defined as bpk = | ⟨0|Ψk⟩ |2/

∑C
e=1 | ⟨0|Ψe⟩ |2, in which the denom-

inator means the sum of collapse probabilities onto eigenstate |0⟩ of
qubits that are associated with all stored experiences.
During the mini-batch sampling period, several times of picking re-
corded experiences from the QiER buffer will be executed, following
the generated picking probability vector b⃗p = [bp1, bp2, . . . , bpC ] after
quantum measurement phase. Note that the total sampling time is
equal to the size of mini-batch, which will be specified in the numer-
ical result section later.
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Remark
Although the QiER buffer involves quantum representations and opera-
tions, the corresponding processes, i.e., the quantum initialization phase,
the quantum preparation phase and the quantum measurement phase, can
be imitated on conventional computing devices without implementing real
quantum computations on practical quantum computers.

Remark
The associated qubit of sampled experience should be reset to the uniform
quantum state, which means that the corresponding quantum preparation
phase starts from the uniform quantum state rather than the previous coun-
terpart. This is in line with the quantum phenomenon where a quantum
system will collapse onto one of its eigenstates after an observation. Note
that the sampled transitions are still remained in the QiER buffer until they
are discarded.
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Algorithm 1: The Proposed DRL-QiER Solution
1 Initialization: Initialize the online D3QN network QD3(s, a|θD3) and its target network QD3(s, a|θ−D3

), with θ−
D3
← θD3 . Initialize the QiER buffer R

with capacity C. Initialize the vector of replay time as r⃗t = [rt1, rt2, . . . , rtC ] = 0⃗. Set the size of mini-batch as Nmb . Set the order index of R as
k = 1. Set the flag indicating whether the QiER buffer is fully occupied or not as LF = False. Set the maximum TD error as δmax = 1;

2 for te = [1, temax ] do
3 Set time step n = 0. Randomly set the the UAV’s initial location as q⃗u(n) ∈ S. Initialize a sliding buffer R̂ with capacity Nms ;
4 repeat
5 Select and execute action an , then observe the next state q⃗u(n + 1) and the immediate reward rn = rn [q⃗u(n + 1)];
6 if LF == True then
7 Perform quantum measurement on all stored experiences’ qubits and get the vector of their replaying probabilities

[bp1, bp2, . . . , bpC ];
8 for nmb = [1, Nmb ] do
9 Sample a transition according to [bp1, bp2, . . . , bpC ] and get its location index d ∈ {1, 2, . . . , C};

10 Reset the d-th qubit back to uniform quantum state |Ψd⟩ = |+⟩;
11 Update the corresponding replay time rtd+ = 1 and rtmax = max(r⃗t);
12 Calculate the sampled transition’s absolute Nms -step TD error |δNms

| and update the maximum TD error δmax =

max(δmax, |δNms
|);

13 Perform quantum preparation phase on the d-th qubit;
14 end
15 Update the online D3QN network QD3(s, a|θD3) via gradient descent method using the mini-batch of sampled Nmb transitions

from R;
16 end
17 Get and record transition expn = {q⃗u(n), an, rn, q⃗u(n + 1)} into R̂;
18 if n ≥ Nms then
19 Generate the Nms -step reward rn−Nms :n from R̂ and record Nms -step experience expn−Nms :n = {q⃗u(n −

Nms), an−Nms
, rn−Nms :n, q⃗u(n)} into R with order index k;

20 Perform quantum initialization phase on the k-th qubit as |Ψk⟩ = |0⟩. Reset rtk = 0 and let k+ = 1;
21 if k > C then
22 Set LF = True and reset k = 1;
23 end
24 end
25 Let n+ = 1;
26 until q⃗u(n) = q⃗u(D) || q⃗u(n) /∈ S || n = Nmax ;
27 Update ϵ ← ϵ × decϵ . Update the target D3QN QD3(s, a|θ−D3

) every ΥD3 episodes, i.e., θ−
D3
← θD3 ;

28 end
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Flow chart of the proposed DRL-QiER algorithm
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~qu(n)
<latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="QlnF69nKIUEj+379/op/CkqBQ60=">AAAB6nicbZBLSwMxFIXv1FetVatbN8Ei1E2ZcWOXghuXFewD2rFk0jttaCYzJplKGeZ/uHGhiD/Inf/G9LHQ1gOBj3MS7s0JEsG1cd1vp7C1vbO7V9wvHZQPj44rJ+W2jlPFsMViEatuQDUKLrFluBHYTRTSKBDYCSa387wzRaV5LB/MLEE/oiPJQ86osdZjf4ose8oHWZrX5OWgUnXr7kJkE7wVVGGl5qDy1R/GLI1QGiao1j3PTYyfUWU4E5iX+qnGhLIJHWHPoqQRaj9bbJ2TC+sMSRgre6QhC/f3i4xGWs+iwN6MqBnr9Wxu/pf1UhM2/IzLJDUo2XJQmApiYjKvgAy5QmbEzAJlittdCRtTRZmxRZVsCd76lzehfVX33Lp370IRzuAcauDBNdzAHTShBQwUvMAbvDvPzqvzsayr4Kx6O4U/cj5/AFLYkTQ=</latexit><latexit sha1_base64="QlnF69nKIUEj+379/op/CkqBQ60=">AAAB6nicbZBLSwMxFIXv1FetVatbN8Ei1E2ZcWOXghuXFewD2rFk0jttaCYzJplKGeZ/uHGhiD/Inf/G9LHQ1gOBj3MS7s0JEsG1cd1vp7C1vbO7V9wvHZQPj44rJ+W2jlPFsMViEatuQDUKLrFluBHYTRTSKBDYCSa387wzRaV5LB/MLEE/oiPJQ86osdZjf4ose8oHWZrX5OWgUnXr7kJkE7wVVGGl5qDy1R/GLI1QGiao1j3PTYyfUWU4E5iX+qnGhLIJHWHPoqQRaj9bbJ2TC+sMSRgre6QhC/f3i4xGWs+iwN6MqBnr9Wxu/pf1UhM2/IzLJDUo2XJQmApiYjKvgAy5QmbEzAJlittdCRtTRZmxRZVsCd76lzehfVX33Lp370IRzuAcauDBNdzAHTShBQwUvMAbvDvPzqvzsayr4Kx6O4U/cj5/AFLYkTQ=</latexit><latexit sha1_base64="SBTKts7lk5AfQXGW5Wz0lKVLf9I=">AAAB9XicbVBNT8JAEJ3iF+IX6tFLIzHBC2m96JHoxSMm8pFAJdtlChu227q7xZCm/8OLB43x6n/x5r9xgR4UfMkkL+/NZGaeH3OmtON8W4W19Y3NreJ2aWd3b/+gfHjUUlEiKTZpxCPZ8YlCzgQ2NdMcO7FEEvoc2/74Zua3JygVi8S9nsbohWQoWMAo0UZ66E2Qpo9ZP02yqjjvlytOzZnDXiVuTiqQo9Evf/UGEU1CFJpyolTXdWLtpURqRjlmpV6iMCZ0TIbYNVSQEJWXzq/O7DOjDOwgkqaEtufq74mUhEpNQ990hkSP1LI3E//zuokOrryUiTjRKOhiUZBwW0f2LAJ7wCRSzaeGECqZudWmIyIJ1SaokgnBXX55lbQuaq5Tc++cSv06j6MIJ3AKVXDhEupwCw1oAgUJz/AKb9aT9WK9Wx+L1oKVzxzDH1ifP6FwkpA=</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit>

~qu(n+ 1)
<latexit sha1_base64="MU69tFqbeQ+/QR1bn4mR4/I1CKw=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahIpREBD0WvXisYD+gDWGznbRLN5u4uymUkH/ixYMiXv0n3vw3btsctPXBwOO9GWbmBQlnSjvOt1VaW9/Y3CpvV3Z29/YP7MOjtopTSaFFYx7LbkAUcCagpZnm0E0kkCjg0AnGdzO/MwGpWCwe9TQBLyJDwUJGiTaSb9v9CdDsKfezNK+JC/fct6tO3ZkDrxK3IFVUoOnbX/1BTNMIhKacKNVznUR7GZGaUQ55pZ8qSAgdkyH0DBUkAuVl88tzfGaUAQ5jaUpoPFd/T2QkUmoaBaYzInqklr2Z+J/XS3V442VMJKkGQReLwpRjHeNZDHjAJFDNp4YQKpm5FdMRkYRqE1bFhOAuv7xK2pd116m7D1fVxm0RRxmdoFNUQy66Rg10j5qohSiaoGf0it6szHqx3q2PRWvJKmaO0R9Ynz/7UpM1</latexit><latexit sha1_base64="MU69tFqbeQ+/QR1bn4mR4/I1CKw=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahIpREBD0WvXisYD+gDWGznbRLN5u4uymUkH/ixYMiXv0n3vw3btsctPXBwOO9GWbmBQlnSjvOt1VaW9/Y3CpvV3Z29/YP7MOjtopTSaFFYx7LbkAUcCagpZnm0E0kkCjg0AnGdzO/MwGpWCwe9TQBLyJDwUJGiTaSb9v9CdDsKfezNK+JC/fct6tO3ZkDrxK3IFVUoOnbX/1BTNMIhKacKNVznUR7GZGaUQ55pZ8qSAgdkyH0DBUkAuVl88tzfGaUAQ5jaUpoPFd/T2QkUmoaBaYzInqklr2Z+J/XS3V442VMJKkGQReLwpRjHeNZDHjAJFDNp4YQKpm5FdMRkYRqE1bFhOAuv7xK2pd116m7D1fVxm0RRxmdoFNUQy66Rg10j5qohSiaoGf0it6szHqx3q2PRWvJKmaO0R9Ynz/7UpM1</latexit><latexit sha1_base64="MU69tFqbeQ+/QR1bn4mR4/I1CKw=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahIpREBD0WvXisYD+gDWGznbRLN5u4uymUkH/ixYMiXv0n3vw3btsctPXBwOO9GWbmBQlnSjvOt1VaW9/Y3CpvV3Z29/YP7MOjtopTSaFFYx7LbkAUcCagpZnm0E0kkCjg0AnGdzO/MwGpWCwe9TQBLyJDwUJGiTaSb9v9CdDsKfezNK+JC/fct6tO3ZkDrxK3IFVUoOnbX/1BTNMIhKacKNVznUR7GZGaUQ55pZ8qSAgdkyH0DBUkAuVl88tzfGaUAQ5jaUpoPFd/T2QkUmoaBaYzInqklr2Z+J/XS3V442VMJKkGQReLwpRjHeNZDHjAJFDNp4YQKpm5FdMRkYRqE1bFhOAuv7xK2pd116m7D1fVxm0RRxmdoFNUQy66Rg10j5qohSiaoGf0it6szHqx3q2PRWvJKmaO0R9Ynz/7UpM1</latexit><latexit sha1_base64="MU69tFqbeQ+/QR1bn4mR4/I1CKw=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahIpREBD0WvXisYD+gDWGznbRLN5u4uymUkH/ixYMiXv0n3vw3btsctPXBwOO9GWbmBQlnSjvOt1VaW9/Y3CpvV3Z29/YP7MOjtopTSaFFYx7LbkAUcCagpZnm0E0kkCjg0AnGdzO/MwGpWCwe9TQBLyJDwUJGiTaSb9v9CdDsKfezNK+JC/fct6tO3ZkDrxK3IFVUoOnbX/1BTNMIhKacKNVznUR7GZGaUQ55pZ8qSAgdkyH0DBUkAuVl88tzfGaUAQ5jaUpoPFd/T2QkUmoaBaYzInqklr2Z+J/XS3V442VMJKkGQReLwpRjHeNZDHjAJFDNp4YQKpm5FdMRkYRqE1bFhOAuv7xK2pd116m7D1fVxm0RRxmdoFNUQy66Rg10j5qohSiaoGf0it6szHqx3q2PRWvJKmaO0R9Ynz/7UpM1</latexit>
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<latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit>

an
<latexit sha1_base64="7ajTrLVH9I7mebqoHpQ8cBdOWUo=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSTwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMJzo7S</latexit><latexit sha1_base64="7ajTrLVH9I7mebqoHpQ8cBdOWUo=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSTwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMJzo7S</latexit><latexit sha1_base64="7ajTrLVH9I7mebqoHpQ8cBdOWUo=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSTwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMJzo7S</latexit><latexit sha1_base64="7ajTrLVH9I7mebqoHpQ8cBdOWUo=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSTwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMJzo7S</latexit>

rn
<latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit>

expn = {~qu(n), an, rn, ~qu(n+ 1)}
<latexit sha1_base64="9ykjJxw9OiXKmTbgrsGi52c0wbI=">AAACNXicbVDLSsNAFJ3UV62vqks3wSK0WEoiQt0IRTcuK9gHNCVMprft0MkkzkyKJeRT/A4/wK1+gAt3okt/weljYR8H7uVwzr3MneOFjEplWR9Gam19Y3MrvZ3Z2d3bP8geHtVlEAkCNRKwQDQ9LIFRDjVFFYNmKAD7HoOGN7gd+40hCEkD/qBGIbR93OO0SwlWWnKzZXgK3Zgn107sDIHEj4kbR0meF4p4LBfFpM9Z53bBSdxszipZE5jLxJ6RHJqh6mZ/nE5AIh+4IgxL2bKtULVjLBQlDJKME0kIMRngHrQ05dgH2Y4nH0zMM610zG4gdHFlTtT/GzH2pRz5np70serLRW8srvJakepetWPKw0gBJ9OHuhEzVWCO0zI7VABRbKQJJoLqW03SxwITpTNdeUFGJ2Mv5rBM6hcl2yrZ95e5ys0sozQ6Qacoj2xURhV0h6qohgh6Rq/oDb0bL8an8WV8T0dTxmznGM3B+P0DysatGg==</latexit><latexit sha1_base64="9ykjJxw9OiXKmTbgrsGi52c0wbI=">AAACNXicbVDLSsNAFJ3UV62vqks3wSK0WEoiQt0IRTcuK9gHNCVMprft0MkkzkyKJeRT/A4/wK1+gAt3okt/weljYR8H7uVwzr3MneOFjEplWR9Gam19Y3MrvZ3Z2d3bP8geHtVlEAkCNRKwQDQ9LIFRDjVFFYNmKAD7HoOGN7gd+40hCEkD/qBGIbR93OO0SwlWWnKzZXgK3Zgn107sDIHEj4kbR0meF4p4LBfFpM9Z53bBSdxszipZE5jLxJ6RHJqh6mZ/nE5AIh+4IgxL2bKtULVjLBQlDJKME0kIMRngHrQ05dgH2Y4nH0zMM610zG4gdHFlTtT/GzH2pRz5np70serLRW8srvJakepetWPKw0gBJ9OHuhEzVWCO0zI7VABRbKQJJoLqW03SxwITpTNdeUFGJ2Mv5rBM6hcl2yrZ95e5ys0sozQ6Qacoj2xURhV0h6qohgh6Rq/oDb0bL8an8WV8T0dTxmznGM3B+P0DysatGg==</latexit><latexit sha1_base64="9ykjJxw9OiXKmTbgrsGi52c0wbI=">AAACNXicbVDLSsNAFJ3UV62vqks3wSK0WEoiQt0IRTcuK9gHNCVMprft0MkkzkyKJeRT/A4/wK1+gAt3okt/weljYR8H7uVwzr3MneOFjEplWR9Gam19Y3MrvZ3Z2d3bP8geHtVlEAkCNRKwQDQ9LIFRDjVFFYNmKAD7HoOGN7gd+40hCEkD/qBGIbR93OO0SwlWWnKzZXgK3Zgn107sDIHEj4kbR0meF4p4LBfFpM9Z53bBSdxszipZE5jLxJ6RHJqh6mZ/nE5AIh+4IgxL2bKtULVjLBQlDJKME0kIMRngHrQ05dgH2Y4nH0zMM610zG4gdHFlTtT/GzH2pRz5np70serLRW8srvJakepetWPKw0gBJ9OHuhEzVWCO0zI7VABRbKQJJoLqW03SxwITpTNdeUFGJ2Mv5rBM6hcl2yrZ95e5ys0sozQ6Qacoj2xURhV0h6qohgh6Rq/oDb0bL8an8WV8T0dTxmznGM3B+P0DysatGg==</latexit><latexit sha1_base64="u2iEw14Si4Ll/OvGsu0zYA27lzQ=">AAAB7nicbVDLSgNBEOyNr7hGjWcvg0HwFHa96FHw4jGCeUCyhNnZTjJkdnaZ6RXCkh/w6id4E3/IL/A3nDwOmqRgoKjqpmsqzpW0FATfXmVv/+DwqHrsn9T807Pzeq1js8IIbItMZaYXc4tKamyTJIW93CBPY4XdePq48LuvaKzM9AvNcoxSPtZyJAUnJ7WG9UbQDJZg2yRckwasMaz/DJJMFClqEopb2w+DnKKSG5JC4dwfFBZzLqZ8jH1HNU/RRuUy5pxdOyVho8y4p4kt1b8bJU+tnaWxm0w5TeymtxB3ef2CRvdRKXVeEGqxOjQqFKOMLf7MEmlQkJo5woWRLisTE264INfMzgS+KybcrGGbdG6bYdAMnwOowiVcwQ2EcAcP8AQtaIOABN7g3Zt7H97nqsCKt27yAv7B+/oFk8qTFA==</latexit><latexit sha1_base64="+3kylAbCNZFYttcR33u+71kuV1o=">AAACKnicbZDNSgMxFIXv1L9aq1a3bgaL0GIpM27qRhDcuFSwWuiUIZPetqGZzJhkimWYR/E5fAC3+gAu3Im+hmntwv4cSDick5CbL4g5U9pxPqzc2vrG5lZ+u7BT3N3bLx0U71WUSIpNGvFItgKikDOBTc00x1YskYQBx4dgeDXpH0YoFYvEnR7H2AlJX7Aeo0SbyC818Cn2U5FdeKk3Qpo+Zn6aZBVRrZFJXJPTfa46date5pfKTt2Zyl427syUYaYbv/TjdSOahCg05USptuvEupMSqRnlmBW8RGFM6JD0sW2sICGqTjr9YGafmKRr9yJpltD2NP1/IyWhUuMwMCdDogdqsZuEq7p2onvnnZSJONEo6N9DvYTbOrIntOwuk0g1HxtDqGRmVpsOiCRUG6YrJygYMu4ih2Vzf1Z3nbp760AejuAYKuBCAy7hGm6gCRSe4RXe4N16sT6trz+GOWsG8xDmZH3/Al+pq3o=</latexit><latexit sha1_base64="+3kylAbCNZFYttcR33u+71kuV1o=">AAACKnicbZDNSgMxFIXv1L9aq1a3bgaL0GIpM27qRhDcuFSwWuiUIZPetqGZzJhkimWYR/E5fAC3+gAu3Im+hmntwv4cSDick5CbL4g5U9pxPqzc2vrG5lZ+u7BT3N3bLx0U71WUSIpNGvFItgKikDOBTc00x1YskYQBx4dgeDXpH0YoFYvEnR7H2AlJX7Aeo0SbyC818Cn2U5FdeKk3Qpo+Zn6aZBVRrZFJXJPTfa46date5pfKTt2Zyl427syUYaYbv/TjdSOahCg05USptuvEupMSqRnlmBW8RGFM6JD0sW2sICGqTjr9YGafmKRr9yJpltD2NP1/IyWhUuMwMCdDogdqsZuEq7p2onvnnZSJONEo6N9DvYTbOrIntOwuk0g1HxtDqGRmVpsOiCRUG6YrJygYMu4ih2Vzf1Z3nbp760AejuAYKuBCAy7hGm6gCRSe4RXe4N16sT6trz+GOWsG8xDmZH3/Al+pq3o=</latexit><latexit sha1_base64="U7YPXp8ohp/5ejffLKCQowqtEwM=">AAACNXicbVDLSsNAFJ34rPUVdekmWIQWS0nc1I1QdOOygn1AU8JketsOnUzizKRYQj7F7/AD3OoHuHAnuvQXnD4W9nHgXg7n3MvcOX7EqFS2/WGsrW9sbm1ndrK7e/sHh+bRcV2GsSBQIyELRdPHEhjlUFNUMWhGAnDgM2j4g9ux3xiCkDTkD2oUQTvAPU67lGClJc8sw1PkJTy9dhN3CCR5TL0kTvO8UMRjuSgmfc66cApu6pk5u2RPYC0TZ0ZyaIaqZ/64nZDEAXBFGJay5diRaidYKEoYpFk3lhBhMsA9aGnKcQCynUw+mFrnWulY3VDo4sqaqP83EhxIOQp8PRlg1ZeL3lhc5bVi1b1qJ5RHsQJOpg91Y2ap0BqnZXWoAKLYSBNMBNW3WqSPBSZKZ7rygqxOxlnMYZnUL0uOXXLu7VzlZpZRBp2iM5RHDiqjCrpDVVRDBD2jV/SG3o0X49P4Mr6no2vGbOcEzcH4/QPJhq0W</latexit><latexit sha1_base64="9ykjJxw9OiXKmTbgrsGi52c0wbI=">AAACNXicbVDLSsNAFJ3UV62vqks3wSK0WEoiQt0IRTcuK9gHNCVMprft0MkkzkyKJeRT/A4/wK1+gAt3okt/weljYR8H7uVwzr3MneOFjEplWR9Gam19Y3MrvZ3Z2d3bP8geHtVlEAkCNRKwQDQ9LIFRDjVFFYNmKAD7HoOGN7gd+40hCEkD/qBGIbR93OO0SwlWWnKzZXgK3Zgn107sDIHEj4kbR0meF4p4LBfFpM9Z53bBSdxszipZE5jLxJ6RHJqh6mZ/nE5AIh+4IgxL2bKtULVjLBQlDJKME0kIMRngHrQ05dgH2Y4nH0zMM610zG4gdHFlTtT/GzH2pRz5np70serLRW8srvJakepetWPKw0gBJ9OHuhEzVWCO0zI7VABRbKQJJoLqW03SxwITpTNdeUFGJ2Mv5rBM6hcl2yrZ95e5ys0sozQ6Qacoj2xURhV0h6qohgh6Rq/oDb0bL8an8WV8T0dTxmznGM3B+P0DysatGg==</latexit><latexit sha1_base64="9ykjJxw9OiXKmTbgrsGi52c0wbI=">AAACNXicbVDLSsNAFJ3UV62vqks3wSK0WEoiQt0IRTcuK9gHNCVMprft0MkkzkyKJeRT/A4/wK1+gAt3okt/weljYR8H7uVwzr3MneOFjEplWR9Gam19Y3MrvZ3Z2d3bP8geHtVlEAkCNRKwQDQ9LIFRDjVFFYNmKAD7HoOGN7gd+40hCEkD/qBGIbR93OO0SwlWWnKzZXgK3Zgn107sDIHEj4kbR0meF4p4LBfFpM9Z53bBSdxszipZE5jLxJ6RHJqh6mZ/nE5AIh+4IgxL2bKtULVjLBQlDJKME0kIMRngHrQ05dgH2Y4nH0zMM610zG4gdHFlTtT/GzH2pRz5np70serLRW8srvJakepetWPKw0gBJ9OHuhEzVWCO0zI7VABRbKQJJoLqW03SxwITpTNdeUFGJ2Mv5rBM6hcl2yrZ95e5ys0sozQ6Qacoj2xURhV0h6qohgh6Rq/oDb0bL8an8WV8T0dTxmznGM3B+P0DysatGg==</latexit><latexit sha1_base64="9ykjJxw9OiXKmTbgrsGi52c0wbI=">AAACNXicbVDLSsNAFJ3UV62vqks3wSK0WEoiQt0IRTcuK9gHNCVMprft0MkkzkyKJeRT/A4/wK1+gAt3okt/weljYR8H7uVwzr3MneOFjEplWR9Gam19Y3MrvZ3Z2d3bP8geHtVlEAkCNRKwQDQ9LIFRDjVFFYNmKAD7HoOGN7gd+40hCEkD/qBGIbR93OO0SwlWWnKzZXgK3Zgn107sDIHEj4kbR0meF4p4LBfFpM9Z53bBSdxszipZE5jLxJ6RHJqh6mZ/nE5AIh+4IgxL2bKtULVjLBQlDJKME0kIMRngHrQ05dgH2Y4nH0zMM610zG4gdHFlTtT/GzH2pRz5np70serLRW8srvJakepetWPKw0gBJ9OHuhEzVWCO0zI7VABRbKQJJoLqW03SxwITpTNdeUFGJ2Mv5rBM6hcl2yrZ95e5ys0sozQ6Qacoj2xURhV0h6qohgh6Rq/oDb0bL8an8WV8T0dTxmznGM3B+P0DysatGg==</latexit><latexit sha1_base64="9ykjJxw9OiXKmTbgrsGi52c0wbI=">AAACNXicbVDLSsNAFJ3UV62vqks3wSK0WEoiQt0IRTcuK9gHNCVMprft0MkkzkyKJeRT/A4/wK1+gAt3okt/weljYR8H7uVwzr3MneOFjEplWR9Gam19Y3MrvZ3Z2d3bP8geHtVlEAkCNRKwQDQ9LIFRDjVFFYNmKAD7HoOGN7gd+40hCEkD/qBGIbR93OO0SwlWWnKzZXgK3Zgn107sDIHEj4kbR0meF4p4LBfFpM9Z53bBSdxszipZE5jLxJ6RHJqh6mZ/nE5AIh+4IgxL2bKtULVjLBQlDJKME0kIMRngHrQ05dgH2Y4nH0zMM610zG4gdHFlTtT/GzH2pRz5np70serLRW8srvJakepetWPKw0gBJ9OHuhEzVWCO0zI7VABRbKQJJoLqW03SxwITpTNdeUFGJ2Mv5rBM6hcl2yrZ95e5ys0sozQ6Qacoj2xURhV0h6qohgh6Rq/oDb0bL8an8WV8T0dTxmznGM3B+P0DysatGg==</latexit><latexit sha1_base64="9ykjJxw9OiXKmTbgrsGi52c0wbI=">AAACNXicbVDLSsNAFJ3UV62vqks3wSK0WEoiQt0IRTcuK9gHNCVMprft0MkkzkyKJeRT/A4/wK1+gAt3okt/weljYR8H7uVwzr3MneOFjEplWR9Gam19Y3MrvZ3Z2d3bP8geHtVlEAkCNRKwQDQ9LIFRDjVFFYNmKAD7HoOGN7gd+40hCEkD/qBGIbR93OO0SwlWWnKzZXgK3Zgn107sDIHEj4kbR0meF4p4LBfFpM9Z53bBSdxszipZE5jLxJ6RHJqh6mZ/nE5AIh+4IgxL2bKtULVjLBQlDJKME0kIMRngHrQ05dgH2Y4nH0zMM610zG4gdHFlTtT/GzH2pRz5np70serLRW8srvJakepetWPKw0gBJ9OHuhEzVWCO0zI7VABRbKQJJoLqW03SxwITpTNdeUFGJ2Mv5rBM6hcl2yrZ95e5ys0sozQ6Qacoj2xURhV0h6qohgh6Rq/oDb0bL8an8WV8T0dTxmznGM3B+P0DysatGg==</latexit><latexit sha1_base64="9ykjJxw9OiXKmTbgrsGi52c0wbI=">AAACNXicbVDLSsNAFJ3UV62vqks3wSK0WEoiQt0IRTcuK9gHNCVMprft0MkkzkyKJeRT/A4/wK1+gAt3okt/weljYR8H7uVwzr3MneOFjEplWR9Gam19Y3MrvZ3Z2d3bP8geHtVlEAkCNRKwQDQ9LIFRDjVFFYNmKAD7HoOGN7gd+40hCEkD/qBGIbR93OO0SwlWWnKzZXgK3Zgn107sDIHEj4kbR0meF4p4LBfFpM9Z53bBSdxszipZE5jLxJ6RHJqh6mZ/nE5AIh+4IgxL2bKtULVjLBQlDJKME0kIMRngHrQ05dgH2Y4nH0zMM610zG4gdHFlTtT/GzH2pRz5np70serLRW8srvJakepetWPKw0gBJ9OHuhEzVWCO0zI7VABRbKQJJoLqW03SxwITpTNdeUFGJ2Mv5rBM6hcl2yrZ95e5ys0sozQ6Qacoj2xURhV0h6qohgh6Rq/oDb0bL8an8WV8T0dTxmznGM3B+P0DysatGg==</latexit>

Figure 3: Flow chart of the proposed DRL-QiER algorithm
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Simulation Parameter Settings

Table 1: Parameter Settings for Simulation Environment

Parameters Values Parameters Values

Amount of BSs B 4 Amount of sectors 3B 12
Horizontal side-length of A D 1 km Amount of each ULA’s array elements M 8
Half-power beamwidth Θ3dB/Φ3dB 65◦/65◦ Speed of light c 3 × 108

m/s
Carrier frequency fc 2 GHz Wave length λ 15 cm
ULA’s element spacing distance dv 7.5 cm ULA’s electrically titled angle θetilt 100◦
Antenna height of BS 25 m Flying altitude of UAV 100 m
ITU building distribution parameter α̂ 0.3 ITU building distribution parameter β̂ 118
ITU building distribution parameter γ̂ 25 Total amount of buildings β̂D2 118
Expected size of each building α̂/β̂ 0.0025

km2
Maximum height of buildings 70 m

Transmit power of each sector Pi 20 dBm Nakagami shape factor m for LoS/NLoS 3/1
Transmission outage threshold Γth 0 dB Average power of AWGN σ2 -90 dBm
Duration of time slot ∆t 0.5 s Velocity of the UAV Vu 30 m/s
Amount of signal Measurements L 1000 Weight balancing the minimization τ 50
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Learning Parameter Settings

Table 2: Hyper-parameter Settings for Learning Process

Parameters Values Parameters Values

Capacity of QiER buffer C 20000 Size of mini-batch Nmb 128
Initial ϵ-greedy factor ϵ 0.5 Annealing speed decϵ 0.994/episode
Target D3QN update frequency ΥD3 5 Length of sliding buffer Nms 30
Positive special reward rD 400 Negative special reward rob -10000
Learning rate αlr Adam’s

default
Discount factor γ 1

Maximum training episodes temax 2000 Step threshold Nmax 400
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(b) The corresponding TOP distribution

Figure 4: Simulation environment and the corresponding preview on TOP distribution
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Training results of the proposed DRL-QiER solution
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(b) The corresponding designed trajectories

Figure 5: Training results of the proposed DRL-QiER solution
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Performance comparison on moving average returns and
designed trajectories
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(a) Comparison on moving average returns
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(b) Designed trajectories of trained agents

Figure 6: Performance comparison on moving average returns and designed trajectories
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Performance comparison on average time costs and EOD
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Figure 7: Performance comparison on average time costs and EOD
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Q & A

Thanks for your attentions
This is the end of this demonstration

Any Question?
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