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Abstract—In cellular-connected unmanned aerial vehicle (UAV)
network, a minimization problem on the weighted sum of time cost
and expected outage duration is considered. Taking advantage of
UAV’s adjustable mobility, an intelligent UAV navigation approach
is formulated to achieve the aforementioned optimization goal.
Specifically, after mapping the navigation task into a Markov deci-
sion process (MDP), a deep reinforcement learning (DRL) solution
with novel quantum-inspired experience replay (QiER) framework
is proposed to help the UAV find the optimal flying direction within
each time slot. Via relating experienced transition’s importance to
its associated quantum bit (qubit) and applying Grover-iteration-
based amplitude amplification technique, the proposed DRL-QiER
solution commits a better trade-off between sampling priority
and diversity. Compared to several representative baselines, the
effectiveness and supremacy of the proposed DRL-QiER solution
are demonstrated and validated in numerical results.

Index Terms—Drone, trajectory design, deep reinforcement
learning, quantum-inspired experience replay.

I. INTRODUCTION

With flexible mobility, low cost and on-demand deploy-
ment, unmanned aerial vehicles (UAVs) have been widely
used in civilian scenarios, e.g., building safety inspections,
disaster management and material transport. In practice, point-
to-point (P2P) wireless links over unlicensed spectrum are com-
monly utilized to support the communications between UAVs
and ground nodes, leading to limited communication quality
[1]. To further enhance wireless transmission between UAVs
and ground transceivers, cellular-connected UAV technique is
deemed as a promising solution, via adopting widely-existing
terrestrial base stations (BSs) to help establish high-quality
ground-to-air (G2A) transmission links [2].

Current cellular networks are genuinely established for serv-
ing user equipments on the ground, via downtilting the main
lobe of BS’s antenna towards the earth [2]. More severe inter-
cell interferences (ICIs) introduced by line-of-sight (LoS)-
dominated G2A links can further deteriorate the aerial coverage
issue, compared to terrestrial communication scenario where
non line-of-sight (NLoS) channels are most likely experienced.
The controllable mobility feature of UAV makes it possible to
tackle the aforementioned aerial coverage obstacles via UAV
trajectory planning, either by on-board algorithms or remote
pilots. However, standard off-line optimization approaches solv-
ing trajectory design problem suffer from inefficiency due to
non-convex nature of the formulated optimization objective
and the corresponding constraints, even under impractical as-
sumptions where perfect knowledge of wireless environment is
available. Fortunately, reinforcement learning (RL) serves as a
good complement to traditional off-line optimization solutions,

which is famous for learning unknown environment. Cui et
al. [3] investigated a real-time design on resource allocation
for multiple-UAV network, in which multi-agent reinforcement
learning (MARL) framework was proposed to realize optimal
user selection, power allocation and sub-channel association.
Zeng et al. [2] solved an optimal UAV trajectory planning
problem on minimizing the weighted sum of mission comple-
tion time and expected transmission outage duration, via deep
reinforcement learning (DRL)-aided approaches.

Meanwhile, quantum theory has been proven to pose a
positive impact on improving learning efficiency for artificial
intelligence algorithms in general, and RL-related approaches
in particular. Dong et al. [4] proposed quantum-inspired re-
inforcement learning (QiRL) to solve intelligent navigation
problem for autonomous mobile robots, where probabilistic
action selection method and novel reinforcement approach
inspired by quantum phenomenon were integrated into standard
RL frameworks. Paparo et al. [5] showed that quadratic speed-
up is achievable for intelligent agents, with the help of quantum
mechanics. In the field of wireless communications, Li et al.
[6] investigated an optimal path planning problem for UAV-
mounted networks, in which QiRL solution was demonstrated
to offer better learning performance than conventional RL
methods with ϵ-greedy or Boltzmann action selection policy.1

In this paper, we integrate several ideas in quantum me-
chanics and DRL techniques to solve intelligent trajectory
planning problem for cellular-connected UAV networks. The
main contributions of this paper are summarized as follows.

• A cellular-connected UAV trajectory planning problem
is formulated to minimize the weighted sum of flight
time cost and the corresponding expected outage duration.
Without knowledge of wireless environment, the path plan-
ning problem is challenging to be tackled via conventional
optimization techniques. Alternatively, it is solved by the
proposed DRL solution with quantum-inspired experience
replay (QiER).

• A novel QiER framework is coined to help the learning
agent achieve better training performance, via a three-
phase quantum-inspired process.

• Compared to DRL approach with standard experience
relay (DRL-ER) or prioritized ER (DRL-PER), deep
curriculum reinforcement learning (DCRL) method and

1Compared to our prior work [6], we extend the quantum aid from enhancing
action selection quality for RL framework to improving experience replay
performance for DRL counterpart, breaking the curse of dimensionality and
enabling the agent to practically solve problems with continuous state space.
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simultaneous navigation and radio mapping (SNARM)
strategy, simulation results demonstrate that the proposed
DRL-QiER solution can achieve more efficient and steady
learning performance.

II. SYSTEM MODEL

A downlink transmission scenario inside cellular-connected
UAV network is considered, where a set U of U UAVs
is served by a set B of B BSs within cellular coverage.
These UAVs are supposed to reach a common destination
from their respective initial locations, for accomplishing their
own missions.2 Without loss of generality, an arbitrary UAV
(denoted as u hereafter) out of these U drones are concen-
trated for investigating the navigation task.3 For clarity, the
UAV’s exploration environment is defined as a cubic subregion
A : [xlo, xup] × [ylo, yup] × [zlo, zup], where the subscripts "lo"
and "up" represent the lower and upper boundaries of this
3D airspace, respectively. Furthermore, the coordinate of the
focused UAV at time t should locate in the range of q⃗lo ⪯
q⃗u(t) ⪯ q⃗up, where q⃗lo = (xlo, ylo, zlo), q⃗up = (xup, yup, zup) and
⪯ denotes the element-wise inequality. The initial location and
the destination are given by q⃗u(I) ∈ R1∗3 and q⃗u(D) ∈ R1∗3,
respectively. Then, the overall trajectory of this UAV’s flight
can be fully traced by q⃗u(t) = (xu(t), yu(t), zu(t)), starting
from q⃗u(I) and ending at q⃗u(D).

Following standard sectorization, each BS is portioned to
cover three sectors. Therefore, there are 3B sectors in total
within the interested airspace A. Denote i ∈ {1, . . . , 3B} as
the label of sectors and assume that the UAV is associated
with sector î at time t, the signal-to-interference-plus-noise ratio
(SINR) at the UAV can be derived as

Γu(t) =
Pî10

Gî[q⃗u(t)]−PLî[q⃗u(t)]
10 |hîu|2

Iu(t) + σ2
, (1)

where Iu(t) =
∑

i̸=î Pi10
Gi[q⃗u(t)]−PLi[q⃗u(t)]

10 |hiu|2 means the
ICIs from un-associated sectors, Gi [q⃗u(t)] indicates antenna
gain, PLi[q⃗u(t)] means G2A pathloss, Pi is the average transmit
power of sector i, hiu represents the corresponding small-
scale fading channel and σ2 denotes the variance of additive
complex Gaussian noise (AWGN). The received SINR (1)
is a random variable because of the randomness introduced
by small-scale fadings, with given UAV coordinate q⃗u(t) and
cell association î(t). Therefore, the corresponding transmission
outage probability (TOP) can be formulated as a function of
q⃗u(t) and î(t), i.e., TOPu{q⃗u(t), î(t)} = Pr [Γu(t) < Γth],
where Pr outputs the probability calculated with respect to
(w.r.t.) the aforementioned small-scale fadings. Then, the er-
godic outage duration (EOD) of the UAV u travelling with

2For example, one typical UAV application case is parcel collection. Various
UAVs are launched from different costumers’ properties carrying parcels to the
local distribution centre of delivery firm.

3These UAVs share the same airspace and common location-dependent
database, which means that the trained DRL model can be downloaded by
the remaining UAVs, helping them accomplish their navigation tasks.

trajectory q⃗u(t), ∀t ∈ [0, Tu] from q⃗u(I) to q⃗u(D) can be
expressed as

EODu{q⃗u(t), î(t)} =
∫ Tu

0

TOPu{q⃗u(t), î(t)}dt. (2)

In this paper, we focus on minimizing the weighted sum
of Tu and EODu{q⃗u(t), î(t)} via designing q⃗u(t) and î(t).
Unfortunately, continuous time t implies infinite amount of
velocity constraints and location possibilities, leading the UAV
path planning task too sophisticated to be handled. Alter-
natively, the flight period Tu is uniformly divided into N
time slots. The duration of each time slot ∆t = Tu/N is
controlled to be sufficiently small so that the distance, pathloss
and antenna gain from each sector towards the UAV can
be considered as approximately static within arbitrary time
slot. Besides, sector assignment is commonly dependent on
pathloss to avoid non-stop handover in practice, and thus the
associated sector within each time slot is assumed unchanged.
Therefore, (2) can be approximated as EODu{q⃗u(t), î(t)} ≈∑N

n=1 ∆tTOPu{q⃗u(n), î(n)}. With given q⃗u(n) and î(n) for
each time slot, TOPu{q⃗u(n), î(n)} can be obtained via numer-
ical signal measurement at the UAV. Then, we have

TOPu{q⃗u(n), î(n)} ≃
1

L

L∑
ι=1

ITOP{q⃗u(n), î(n)|h(ι)}, (3)

where h(ι) indicates one realization of the involved small-scale
fading components, L represents the amount of signal mea-
surements, the TOP indicator ITOP{q⃗u(n), î(n)|h(ι)} = 1 if
Γu{q⃗u(n), î(n)|h(ι)} < Γth and ITOP{q⃗u(n), î(n)|h(ι)} = 0
otherwise. Note that L≫ 1 stands in practice, which means that
the approximation (3) is feasible to be treated as an equation.
Then, the corresponding optimization problem can be stated as

(P1) : min
v⃗u(n)

τ∆t

L

N∑
n=1

L∑
ι=1

ITOP{q⃗u(n), î(n)|h(ι)}+N, (4a)

s.t.̂i(n) = argmin
i∈{1,2,··· ,3B}

PLi [q⃗u(n)] , (4b)

q⃗(n+ 1) = q⃗(n) + Vu∆tv⃗u(n), ∥v⃗u(n)∥ = 1, (4c)
q⃗lo ⪯ q⃗u(n) ⪯ q⃗up, q⃗u(0) = q⃗u(I), q⃗u(N) = q⃗u(D), (4d)

where τ is the weight balancing the minimization objective,
Vu represents the UAV’s flying velocity and v⃗u(n) specifies
the mobility direction. The constraint (4b) holds because the
sector association strategy is dependent sorely on pathlosses
from all the sectors within each time slot and it is clear that
the UAV should always pair with the sector which can offer
the least degree of pathloss.

It is straightforward to conclude that antenna gain and
LoS/NLoS condition from each sector to the UAV are depen-
dent on the UAV’s location with given building and BS distribu-
tion, which further impacts the corresponding pathloss and type
of small-scale fading. This makes it extremely sophisticated to
solve problem (P1) via standard optimization methods, if not
impossible. To provide a better alternative solving the proposed
optimization problem (P1), a DRL-aided solution with a novel
QiER framework will be proposed.
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III. DRL-QIER ALGORITHM

In this section, a DRL-QiER solution4 is developed to solve
optimization problem (P1).
A. The MDP Formulation

To solve the optimal trajectory planning problem (P1) via
DRL-aided technique, the first step is to map it into a Markov
decision process (MDP), which can be described as follows.

• S: The state space consists of possible UAV locations q⃗u
under constraint q⃗lo ⪯ q⃗u ⪯ q⃗up, which means that the
state space is continuous.

• A: The continuous action space involves all the feasible
flying directions v⃗u under constraint ∥v⃗u∥ = 1. To break
the curse of dimensionality caused by continuous state
and action spaces, the action space is discretized as A ={
[1, 0, 0],[0, 1, 0],[−1, 0, 0],[0,−1, 0],[−

√
2/2,
√
2/2, 0],

[
√
2/2,
√
2/2, 0],[

√
2/2,−

√
2/2, 0],[−

√
2/2,−

√
2/2, 0]

}
,

corresponding to flying directions right, forward, left,
backward, left-forward, right-forward, right-backward and
left-backward, respectively.

• T : The state transition is deterministic and controlled by
the mobility constraint (4c).

• r: Our goal is to minimize the weighted sum of time cost
and EOD. Thus, we may design the reward function as
r(q⃗u) = −1 − τ∆t

L

∑L
ι=1 ITOP{q⃗u|h(ι)}. The formula-

tion of r(q⃗u) can be interpreted as follows: 1) for each
time of state transition, the agent will receive a movement
penality 1, encouraging the UAV to use less steps to gener-
ate the trajectory; and 2) on top of the movement penality,
the UAV will get a weighted outage duration penality
τ∆t

L

∑L
ι=1 ITOP{q⃗u|h(ι)} as well, pushing the UAV to

visit locations with stronger wireless coverage quality.
Besides, two special cases are considered as follows: 1)
once the UAV reaches the predefined destination q⃗u(D),
the training episode terminates and a positive value rD will
replace the reward function; and 2) once the UAV crashes
onto the boundary of the considered airspace, the training
episode terminates and a negative value rob will replace the
reward function instead. In summary, the aforementioned
design of reward function aims to encourage the UAV
to reach q⃗u(D) with as fewer steps as possible, while
avoiding hitting the boundary and visiting areas with weak
wireless coverage.

• γ: To connect the objective function of (P1) and the dis-
counted accumulated-rewards over each learning episode,
the discount factor is chosen as γ = 1.

B. Quantum-Inspired Representation of Experience’s Priority
In the proposed DRL-QiER solution, the priority of expe-

rienced transition is represented by the k-th qubit, where the
scalar index k indicates this transition’s location index in the
QiER buffer. Specifically, the quantum representation of stored
transition’s priority can be given by

|Ψk⟩ = αk |0⟩+ βk |1⟩ , (5)

4For detailed information regarding the design of DRL-QiER approach,
please refer to [7] which is the full version of this conference paper.

where the complex-valued probability amplitudes αk and βk

follow the normalization constraint |αk|2+|βk|2 = 1. It is worth
noting that the eigenstates |0⟩ and |1⟩ in (5) mean accepting
and denying this transition, respectively. After quantum mea-
surement, the superposition |Ψk⟩ will collapse onto eigenstate
|0⟩ with probability | ⟨0|Ψk⟩ |2 = |αk|2 or eigenstate |1⟩ with
probability | ⟨1|Ψk⟩ |2 = |βk|2. The complex coefficients αk

and βk are of importance in the QiER system, influencing the
occurrence probability of accepting or denying the correspond-
ing transition when |Ψk⟩ is observed.

C. QiER Framework

The proposed QiER framework consists of the following
three phases.

1) Quantum Initialization Phase: When one transition is
stored into the QiER buffer with finite capacity C, a label k ∈
{1, . . . , C} will be assigned to it, which specifies the location
of this transition being recorded within the QiER buffer. When
a new transition is recorded into the QiER buffer and before
being sampled out to feed the training agent, its associated qubit
|Ψk⟩ should be initialized as eigenstate |0⟩, i.e., |Ψk⟩ ← |0⟩.
The reason is that the agent has never been trained with these
un-sampled transitions that may have unimaginable potentials
to help the agent learn the characteristics of environment with
which the agent is interacting. Thus, we assign these newly-
recorded transitions with the highest priority, encouraging the
agent to more likely learn from them.

2) Quantum Preparation Phase: After an experience is
sampled from the QiER buffer to train the agent, the quantum
preparation phase should be performed on its associated qubit,
updating the corresponding priority. This is due to two reasons:
1) the temporal difference (TD) error of this transition is
updated; and 2) the experience becomes older for the agent.

The uniform quantum state is defined as

|+⟩ =
√
2

2
(|0⟩+ |1⟩) . (6)

The absolute value of TD error |δt| is chosen to reflect priority
of the corresponding transition. Once a recorded transition is
sampled, its associated qubit |Ψk⟩ should first be reset to the
uniform quantum state, i.e., |Ψk⟩ ← |+⟩. Then, to map the
updated priority into |Ψk⟩, one time of Grover iteration with
flexible parameters ϕ1 and ϕ2 will be applied on the uniform
quantum state, shown as

|Ψk⟩=U |+⟩U |0⟩ |+⟩
(a)
=(P−ejϕ1)

√
2

2
|0⟩+(P−1)

√
2

2
|1⟩ , (7)

where P = (1 − ejϕ2)
[
1− 0.5(1− ejϕ1)

]
and the derivation

(a) is based on Proposition 1 of [7].
In practical applications, some experiences may be sampled

for training with undesired high frequency, leading to over-
training issue. Besides, the finite size of QiER buffer could
further deteriorate this disservice [8], which will cause unfair
and biased sampling performance. To circumvent this issue, the
replay time of each stored transition should be taken into con-
sideration for the quantum preparation phase, which enables it
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to enrich sample diversity to improve the learning performance.
In the early stage of training the agent, the importance of
each experience is ambiguous. However, alongside the learning
process, the absolute TD errors of some transitions remain
relatively large, despite many times they have been sampled
for training. Hence, it is necessary to relate training episode to
the quantum preparation phase.

The quantum preparation phase aims to modify the collapse
probability onto eigenstate |0⟩, via one time of Grover iteration
with free parameters ϕ1 and ϕ2. To quantify the amplification
step of quantum preparation phase, we let

ϕ1 =
e
|δt|π
δmax − e−

|δt|π
δmax

e
|δt|π
δmax + e−

|δt|π
δmax

π

2
=

π

2
tanh

(
|δt|π
δmax

)
∈
[
0,

π

2

)
, (8)

ϕ2 =
rtk
rtmax

te

temax
π +

π

2
∈
(
π

2
,
3π

2

]
. (9)

With (8) and (9), the quantum amplitude amplification is related
with the corresponding absolute TD error |δt|, maximum TD
error δmax, replay times rtk, maximum replay time rtmax,
current training episode te and the total training episode temax,
which means that the quantum preparation phase updates the
priority of experience into its associated k-th qubit |Ψk⟩.

3) Quantum Measurement Phase: After the QiER buffer is
fully occupied by recorded transitions, a mini-batch of experi-
ences will be sampled to perform network training for the agent,
via standard gradient descent method. To prepare the mini-batch
sampling procedure under constraint of priorities, quantum
measurement on the associated qubits should be accomplished
first. Specifically, the probability of the k-th qubit collapsing
onto eigenstate |0⟩ can be calculated as | ⟨0|Ψk⟩ |2. Then, the
probability of the corresponding experience being picked up
during the mini-batch sampling process can be defined as
bpk = | ⟨0|Ψk⟩ |2/

∑C
e=1 | ⟨0|Ψe⟩ |2.

D. The Proposed DRL-QiER Solution

The proposed DRL-QiER algorithm is summarized in Algo-
rithm 1, of which the flow chart is illustrated in Fig. 1. To
solve the formulated MDP in Section III-A, double deep Q
network (DQN) with duelling architecture (D3QN) is adopted
to approximate the Q function Q(q⃗u, v⃗u). To further speed up
and stabilize the learning process, Nms-step learning and target
network techniques are adopted for updating parameters of the
online D3QN. Specifically, the online D3QN aims to minimize
the following loss function

L(θD3) =
[
rt:t+Nms

+ γNmsQ(q⃗u(t+Nms), v⃗
∗
u|θ

−
D3)

−Q(q⃗u(t), v⃗u(t)|θD3)
]2

, (10)

where rt:t+Nms
=

∑Nms−1
nms=0 γnmsrt+nms+1 indicates the Nms-

step discounted accumulated-reward, θD3 is the parameter
vector of the online D3QN and θ−

D3 means the parameter
vector of the target D3QN. The selected action v⃗∗u in (10) is
chosen from the online D3QN rather than the target D3QN,
i.e., v⃗∗u = argmax

v⃗u∈A
Q(q⃗u(t+Nms), v⃗u|θD3), which completes the

double DQN procedure.

Algorithm 1: The Proposed DRL-QiER Solution
1 Initialization: Initialize the online D3QN network QD3(s, a|θD3) and its target network

QD3(s, a|θ−D3
), with θ−

D3
← θD3 . Initialize the QiER buffer R with capacity C. Initialize the vector

of replay time as r⃗t = [rt1, rt2, . . . , rtC ] = 0⃗. Set the size of mini-batch as Nmb . Set the order
index of R as k = 1. Set the flag indicating whether the QiER buffer is fully occupied or not as
LF = False. Set the maximum TD error as δmax = 1;

2 for te = [1, temax] do
3 Set time step n = 0. Randomly set the the UAV’s initial location as q⃗u(n) ∈ S. Initialize a

sliding buffer R̂ with capacity Nms ;
4 repeat
5 Select and execute action an , then observe the next state q⃗u(n + 1) and the immediate

reward rn = rn[q⃗u(n + 1)];
6 if LF == True then
7 Perform quantum measurement on all stored experiences’ qubits and get the vector of

their replaying probabilities [bp1, bp2, . . . , bpC ];
8 for nmb = [1, Nmb] do
9 Sample a transition according to [bp1, bp2, . . . , bpC ] and get its location

index d ∈ {1, 2, . . . , C};
10 Reset the d-th qubit back to uniform quantum state |Ψd⟩ = |+⟩;
11 Update the corresponding replay time rtd+ = 1 and rtmax = max(r⃗t);
12 Calculate the sampled transition’s absolute Nms -step TD error |δNms | and

update the maximum TD error δmax = max(δmax, |δNms |);
13 Perform quantum preparation phase on the d-th qubit;
14 end
15 Update the online D3QN network QD3(s, a|θD3) via gradient descent method using

the mini-batch of sampled Nmb transitions from R;
16 end
17 Get and record transition expn = {q⃗u(n), an, rn, q⃗u(n + 1)} into R̂;
18 if n ≥ Nms then
19 Generate the Nms -step reward rn−Nms:n from R̂ and record Nms -step

experience
expn−Nms:n = {q⃗u(n − Nms), an−Nms

, rn−Nms:n, q⃗u(n)}
into R with order index k;

20 Perform quantum initialization phase on the k-th qubit as |Ψk⟩ = |0⟩. Reset
rtk = 0 and let k+ = 1;

21 if k > C then
22 Set LF = True and reset k = 1;
23 end
24 end
25 Let n+ = 1;
26 until q⃗u(n) = q⃗u(D) || q⃗u(n) /∈ S || n = Nmax ;
27 Update ϵ ← ϵ × decϵ . Update the target D3QN QD3(s, a|θ−D3

) every ΥD3 episodes, i.e.,
θ−

D3
← θD3 ;

28 end

Sample Mini-Batch

Quantum Initialization Phase
on the 𝑘-th Qubit, i.e.,

Newly-Recorded Transition 
at the 𝑘-th Location 

The QiER Buffer

Sample A Transition Stored at 
the 𝑑-th Location to Compose 

the Mini-Batch

Batch Training on 
the Agent 

Update TD error

Reset the 𝑑-th Qubit to the 
Initial Quantum State Quantum Preparation 

Phase, i.e.,

| ki = |0i
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Quantum Measurement Phase 
on All Qubits

The Replay Time of the 
Sampled Transition

| di = U |+iU |0i |+i
<latexit sha1_base64="9t1v/gG52wVBXShaYatlWmbuosI="></latexit><latexit sha1_base64="9t1v/gG52wVBXShaYatlWmbuosI="></latexit><latexit sha1_base64="9t1v/gG52wVBXShaYatlWmbuosI="></latexit><latexit sha1_base64="9t1v/gG52wVBXShaYatlWmbuosI="></latexit>

Store Transition

D3QN Agent

Environment

into the Sliding Buffer Then Generate Multi-Step 
Transition and Record it into the QiER Buffer  
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<latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="QlnF69nKIUEj+379/op/CkqBQ60=">AAAB6nicbZBLSwMxFIXv1FetVatbN8Ei1E2ZcWOXghuXFewD2rFk0jttaCYzJplKGeZ/uHGhiD/Inf/G9LHQ1gOBj3MS7s0JEsG1cd1vp7C1vbO7V9wvHZQPj44rJ+W2jlPFsMViEatuQDUKLrFluBHYTRTSKBDYCSa387wzRaV5LB/MLEE/oiPJQ86osdZjf4ose8oHWZrX5OWgUnXr7kJkE7wVVGGl5qDy1R/GLI1QGiao1j3PTYyfUWU4E5iX+qnGhLIJHWHPoqQRaj9bbJ2TC+sMSRgre6QhC/f3i4xGWs+iwN6MqBnr9Wxu/pf1UhM2/IzLJDUo2XJQmApiYjKvgAy5QmbEzAJlittdCRtTRZmxRZVsCd76lzehfVX33Lp370IRzuAcauDBNdzAHTShBQwUvMAbvDvPzqvzsayr4Kx6O4U/cj5/AFLYkTQ=</latexit><latexit sha1_base64="QlnF69nKIUEj+379/op/CkqBQ60=">AAAB6nicbZBLSwMxFIXv1FetVatbN8Ei1E2ZcWOXghuXFewD2rFk0jttaCYzJplKGeZ/uHGhiD/Inf/G9LHQ1gOBj3MS7s0JEsG1cd1vp7C1vbO7V9wvHZQPj44rJ+W2jlPFsMViEatuQDUKLrFluBHYTRTSKBDYCSa387wzRaV5LB/MLEE/oiPJQ86osdZjf4ose8oHWZrX5OWgUnXr7kJkE7wVVGGl5qDy1R/GLI1QGiao1j3PTYyfUWU4E5iX+qnGhLIJHWHPoqQRaj9bbJ2TC+sMSRgre6QhC/f3i4xGWs+iwN6MqBnr9Wxu/pf1UhM2/IzLJDUo2XJQmApiYjKvgAy5QmbEzAJlittdCRtTRZmxRZVsCd76lzehfVX33Lp370IRzuAcauDBNdzAHTShBQwUvMAbvDvPzqvzsayr4Kx6O4U/cj5/AFLYkTQ=</latexit><latexit sha1_base64="SBTKts7lk5AfQXGW5Wz0lKVLf9I=">AAAB9XicbVBNT8JAEJ3iF+IX6tFLIzHBC2m96JHoxSMm8pFAJdtlChu227q7xZCm/8OLB43x6n/x5r9xgR4UfMkkL+/NZGaeH3OmtON8W4W19Y3NreJ2aWd3b/+gfHjUUlEiKTZpxCPZ8YlCzgQ2NdMcO7FEEvoc2/74Zua3JygVi8S9nsbohWQoWMAo0UZ66E2Qpo9ZP02yqjjvlytOzZnDXiVuTiqQo9Evf/UGEU1CFJpyolTXdWLtpURqRjlmpV6iMCZ0TIbYNVSQEJWXzq/O7DOjDOwgkqaEtufq74mUhEpNQ990hkSP1LI3E//zuokOrryUiTjRKOhiUZBwW0f2LAJ7wCRSzaeGECqZudWmIyIJ1SaokgnBXX55lbQuaq5Tc++cSv06j6MIJ3AKVXDhEupwCw1oAgUJz/AKb9aT9WK9Wx+L1oKVzxzDH1ifP6FwkpA=</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit><latexit sha1_base64="BkIZfljMVBSLQ6TpAg84V+1G7mg=">AAAB9XicbVBNS8NAEJ34WetX1aOXYBHqpSQi6LHoxWMF+wFtLJvtpF262cTdTaWE/A8vHhTx6n/x5r9x2+agrQ8GHu/NMDPPjzlT2nG+rZXVtfWNzcJWcXtnd2+/dHDYVFEiKTZoxCPZ9olCzgQ2NNMc27FEEvocW/7oZuq3xigVi8S9nsTohWQgWMAo0UZ66I6Rpo9ZL02yijjrlcpO1ZnBXiZuTsqQo94rfXX7EU1CFJpyolTHdWLtpURqRjlmxW6iMCZ0RAbYMVSQEJWXzq7O7FOj9O0gkqaEtmfq74mUhEpNQt90hkQP1aI3Ff/zOokOrryUiTjRKOh8UZBwW0f2NAK7zyRSzSeGECqZudWmQyIJ1SaoognBXXx5mTTPq65Tde8uyrXrPI4CHMMJVMCFS6jBLdShARQkPMMrvFlP1ov1bn3MW1esfOYI/sD6/AGisJKU</latexit>

~qu(n+ 1)
<latexit sha1_base64="MU69tFqbeQ+/QR1bn4mR4/I1CKw=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahIpREBD0WvXisYD+gDWGznbRLN5u4uymUkH/ixYMiXv0n3vw3btsctPXBwOO9GWbmBQlnSjvOt1VaW9/Y3CpvV3Z29/YP7MOjtopTSaFFYx7LbkAUcCagpZnm0E0kkCjg0AnGdzO/MwGpWCwe9TQBLyJDwUJGiTaSb9v9CdDsKfezNK+JC/fct6tO3ZkDrxK3IFVUoOnbX/1BTNMIhKacKNVznUR7GZGaUQ55pZ8qSAgdkyH0DBUkAuVl88tzfGaUAQ5jaUpoPFd/T2QkUmoaBaYzInqklr2Z+J/XS3V442VMJKkGQReLwpRjHeNZDHjAJFDNp4YQKpm5FdMRkYRqE1bFhOAuv7xK2pd116m7D1fVxm0RRxmdoFNUQy66Rg10j5qohSiaoGf0it6szHqx3q2PRWvJKmaO0R9Ynz/7UpM1</latexit><latexit sha1_base64="MU69tFqbeQ+/QR1bn4mR4/I1CKw=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahIpREBD0WvXisYD+gDWGznbRLN5u4uymUkH/ixYMiXv0n3vw3btsctPXBwOO9GWbmBQlnSjvOt1VaW9/Y3CpvV3Z29/YP7MOjtopTSaFFYx7LbkAUcCagpZnm0E0kkCjg0AnGdzO/MwGpWCwe9TQBLyJDwUJGiTaSb9v9CdDsKfezNK+JC/fct6tO3ZkDrxK3IFVUoOnbX/1BTNMIhKacKNVznUR7GZGaUQ55pZ8qSAgdkyH0DBUkAuVl88tzfGaUAQ5jaUpoPFd/T2QkUmoaBaYzInqklr2Z+J/XS3V442VMJKkGQReLwpRjHeNZDHjAJFDNp4YQKpm5FdMRkYRqE1bFhOAuv7xK2pd116m7D1fVxm0RRxmdoFNUQy66Rg10j5qohSiaoGf0it6szHqx3q2PRWvJKmaO0R9Ynz/7UpM1</latexit><latexit sha1_base64="MU69tFqbeQ+/QR1bn4mR4/I1CKw=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahIpREBD0WvXisYD+gDWGznbRLN5u4uymUkH/ixYMiXv0n3vw3btsctPXBwOO9GWbmBQlnSjvOt1VaW9/Y3CpvV3Z29/YP7MOjtopTSaFFYx7LbkAUcCagpZnm0E0kkCjg0AnGdzO/MwGpWCwe9TQBLyJDwUJGiTaSb9v9CdDsKfezNK+JC/fct6tO3ZkDrxK3IFVUoOnbX/1BTNMIhKacKNVznUR7GZGaUQ55pZ8qSAgdkyH0DBUkAuVl88tzfGaUAQ5jaUpoPFd/T2QkUmoaBaYzInqklr2Z+J/XS3V442VMJKkGQReLwpRjHeNZDHjAJFDNp4YQKpm5FdMRkYRqE1bFhOAuv7xK2pd116m7D1fVxm0RRxmdoFNUQy66Rg10j5qohSiaoGf0it6szHqx3q2PRWvJKmaO0R9Ynz/7UpM1</latexit><latexit sha1_base64="MU69tFqbeQ+/QR1bn4mR4/I1CKw=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahIpREBD0WvXisYD+gDWGznbRLN5u4uymUkH/ixYMiXv0n3vw3btsctPXBwOO9GWbmBQlnSjvOt1VaW9/Y3CpvV3Z29/YP7MOjtopTSaFFYx7LbkAUcCagpZnm0E0kkCjg0AnGdzO/MwGpWCwe9TQBLyJDwUJGiTaSb9v9CdDsKfezNK+JC/fct6tO3ZkDrxK3IFVUoOnbX/1BTNMIhKacKNVznUR7GZGaUQ55pZ8qSAgdkyH0DBUkAuVl88tzfGaUAQ5jaUpoPFd/T2QkUmoaBaYzInqklr2Z+J/XS3V442VMJKkGQReLwpRjHeNZDHjAJFDNp4YQKpm5FdMRkYRqE1bFhOAuv7xK2pd116m7D1fVxm0RRxmdoFNUQy66Rg10j5qohSiaoGf0it6szHqx3q2PRWvJKmaO0R9Ynz/7UpM1</latexit>

rn<latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit>an<latexit sha1_base64="7ajTrLVH9I7mebqoHpQ8cBdOWUo=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSTwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMJzo7S</latexit><latexit sha1_base64="7ajTrLVH9I7mebqoHpQ8cBdOWUo=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSTwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMJzo7S</latexit><latexit sha1_base64="7ajTrLVH9I7mebqoHpQ8cBdOWUo=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSTwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMJzo7S</latexit><latexit sha1_base64="7ajTrLVH9I7mebqoHpQ8cBdOWUo=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSTwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMJzo7S</latexit>

rn
<latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit><latexit sha1_base64="50GXvTYmwJGFxbTrH6EIfgUfd38=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeiF48VTFtoQ9lsN+3SzSbsToQS+hu8eFDEqz/Im//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzSNkmmGfdZIhPdDanhUijuo0DJu6nmNA4l74STu7nfeeLaiEQ94jTlQUxHSkSCUbSSrwe5mg2qNbfuLkDWiVeQGhRoDapf/WHCspgrZJIa0/PcFIOcahRM8lmlnxmeUjahI96zVNGYmyBfHDsjF1YZkijRthSShfp7IqexMdM4tJ0xxbFZ9ebif14vw+gmyIVKM+SKLRdFmSSYkPnnZCg0ZyinllCmhb2VsDHVlKHNp2JD8FZfXiftq7rn1r2H61rztoijDGdwDpfgQQOacA8t8IGBgGd4hTdHOS/Ou/OxbC05xcwp/IHz+QMj1o7j</latexit>
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Figure 1: Flow chart of the proposed DRL-QiER algorithm

IV. NUMERICAL RESULTS

In this section, simulation results for the proposed DRL-
QiER solution and the corresponding performance comparison
against several baselines are performed. For conducting the
simulation, the UAV’s exploration airspace is set as A :
[0, 1] × [0, 1] × [0, 0.1] km. Fig. 2 delivers the top view of
A, in which the locations of involved BSs and the direction
of each ULA’s boresight are specified. To generate building
distribution within A, one realization of statistical model sug-
gested by the International Telecommunication Union (ITU) [9]
is invoked, which is subject to the following three parameters:
1) α̂ indicates the ratio of region covered by buildings to the
whole land; 2) β̂ represents average amount of buildings; and
3) γ̂ determines building heights’ distribution (say, Rayleigh
distribution with mean γ̂ > 0). Besides, the pathloss and small-
scale fading components of G2A link are assumed to follow
3GPP urban Macro (UMa) [10] and block Nakagami-m chan-
nel models, respectively. For BSs’ antenna model, vertically-
placed uniform linear array (ULA) suggested by 3GPP [11]
is applied to serve each sector, with fixed 3-dimensional (3D)
radiation pattern. The common destination’s location is fixed at
q⃗u(D) = (0.8, 0.8, 0.1) km. Unless otherwise mentioned, the
parameter setups regarding simulation environment are in line
with Table I.

Four DRL-aided baselines are considered for performance
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Table I: Parameter Settings for Simulation

Parameters Values Parameters Values Parameters Values

Amount of BSs B 4 Amount of sectors 3B 12 Capacity of QiER buffer C 20000
Horizontal side-length of A D 1 km Amount of each ULA’s array elements M 8 Size of mini-batch Nmb 128
Half-power beamwidth Θ3dB/Φ3dB 65

◦ /65◦ Speed of light c 3 × 108 m/s Initial ϵ-greedy factor ϵ 0.5
Carrier frequency fc 2 GHz Wave length λ 15 cm Annealing speed decϵ 0.994/episode
ULA’s element spacing distance dv 7.5 cm ULA’s electrically titled angle θetilt 100◦ Target D3QN update frequency ΥD3 5
Antenna height of BS 25 m Flying altitude of UAV 100 m Length of sliding buffer Nms 30
ITU building distribution parameter α̂ 0.3 ITU building distribution parameter β̂ 118 Positive special reward rD 400
ITU building distribution parameter γ̂ 25 Amount of buildings β̂D2 118 Negative special reward rob -10000
Expected size of each building α̂/β̂ 0.0025 km2 Maximum height of buildings 70 m Learning rate αlr Adam’s default
Transmit power of each sector Pi 20 dBm Nakagami shape factor m for LoS/NLoS 3/1 Discount factor γ 1
Transmission outage threshold Γth 0 dB Average power of AWGN σ2 -90 dBm Maximum training episodes temax 2000
Duration of time slot ∆t 0.5 s Velocity of the UAV Vu 30 m/s Step threshold Nmax 400
Amount of signal Measurements L 1000 Weight balancing the minimization τ 50
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Figure 2: The simulation environment

comparison, i.e., DRL-ER [12], DRL-PER [13], DCRL [14]
and SNARM [2].5 For fair comparison, the structures of online
and target D3QNs for all baselines are the same as those of
the proposed DRL-QiER solution, while the hyper-parameter
settings of DRL-QiER algorithm and these baselines are in line
with Table I. Besides, the construction of radio map’s DNN
and the corresponding hyper-parameter settings of baseline
SNARM are in accordance to [2], while the complexity index
function, the curriculum evaluation function, the self-paced
prioritized function, the coverage penalty function and the
corresponding DCRL hyper-parameter settings are in line with
[14]. Furthermore, the additional hyper-parameters regarding
PER in DRL-PER baseline are set as αPER = 1, ξ = 0.01 and
βPER = 0.4. All the baselines are altered to involve multi-step
learning and start training after their replay buffers are fully
exploited. Moreover, all the baselines share the same randomly-
generated initial UAV locations with the proposed DRL-QiER
solution, for each training episode.

Fig. 3(a) delivers the performance comparison on moving
average returns of the proposed DRL-QiER solution and con-
sidered baselines, versus training episodes. From this subfigure,
it is easy to find that SNARM approach can offer satisfactory
learning performance, thanks to the simulated trajectories en-
abled by the extra DNN (i.e., the radio map), especially in the
range of training episode from 400 to 1000, despite that the
radio map is getting well trained as the training process going.
Besides, DRL-PER, DRL-QiER and DCRL approaches can
achieve better moving average returns than DRL-ER method,
in the early training stage (e.g., episodes 500-750). The reason

5Due to page-length regulation, the detailed explanations of these baselines
are omitted, which can be found in [7].

is that DRL-ER solution samples transitions uniformly with-
out considering their priorities, which leads transitions with
higher importance to have less opportunities for training the
online D3QN. However, DRL-PER method experiences server
fluctuations than DRL-QiER and DCRL (e.g., episodes 1250-
2000), which is because DRL-PER does not take transitions’
replay time into account and thus some transitions are sampled
with undesired high frequency while their absolute TD errors
remain relatively large. The proposed DRL-QiER solution
showcases more steady learning ability, with less amplification
of fluctuation and overall raising trend, thanks to the QiER
technique which balances sampling priority and diversity in
a better manner. Although SNARM and DCRL approaches
can offer satisfactory learning performances, their respective
shortcomings are: 1) SNARM framework needs to train an
extra DNN, which thus introduces heavy training burden, and
2) it is difficult to set up feasible complexity index function,
curriculum evaluation function, self-paced prioritized function,
coverage penalty function and the corresponding DCRL hyper-
parameters, which limits the robustness of DCRL solution. The
proposed DRL-QiER method requires less hyper-parameters
tuning and contains no extra DNN, and therefore is easier
and more robust for implementation. To deliver more insights,
Fig. 3(b) depicts the comparison on designed trajectories of
the implemented algorithms, over three representative starting
locations chosen from episodes 1910-2000. It is straightforward
to observe that the proposed DRL-QiER and the considered
baselines direct the UAV to hit the common destination with
different trajectories.

Fig. 4(a) demonstrates comparison on average time cost
of designed trajectories and the corresponding EOD for the
considered algorithms, over four episode slots 1-1400, 1401-
1600, 1601-1800 and 1801-2000. From this figure, one can
find that the proposed DRL-QiER solution can help achieve
both lower average EOD and average time cost, within each
episode slot. Especially, in the late training state (e.g., episode
slot 1800-2000), the proposed DRL-QiER method outperforms
other baselines, in terms of both average EOD and average time
cost. Furthermore, Fig. 4(b) illustrates comparison on average
duration and average weighted sum of EOD and time cost over
the last 200 training episodes, for all the DRL-aided approaches
and non-learning-based strategy termed as straight line. From
this figure, it is easy to find that while the straight line solution
offers the cheapest average time cost, it leads the UAV to
suffer from the highest average EOD, which is extremely non-
preferable and thus unveils the benefits provided by DRL-aided
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Figure 3: Performance comparison on moving average returns and designed trajectories

approaches. On the contrary, the proposed DRL-QiER solution
can not only help the UAV experience the lowest average EOD,
compared to both other DRL-aided approaches and the straight
line strategy, but also direct the UAV to reach the common
destination with the cheapest average time cost, against other
DRL-aided solutions.

V. CONCLUSION

In this work, an intelligent navigation task for cellular-
connected UAV networks was investigated, aiming at mini-
mizing the weighted sum of time cost and expected outage
duration alongside UAVs’ flying trajectories towards the com-
mon destination with randomly-generated initial UAV locations.
To navigate the UAV, a DRL-QiER solution was proposed, in
which the innovative QiER technique can help the DRL agent
hit a better learning efficiency. Simulation results validated
the effectiveness of the proposed DRL-QiER solution, while
performance comparison against both several DRL-aided base-
lines and straight line strategy showcased DRL-QiER method’s
superiority.
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